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PHAN I. Thi sinh tra 16i cAu héi tir cAu 1 dén cAu 12. Mdi cau héi thi sinh chi chon mdt phwong 4n
Cau 1: [HTN]|Nguyén ham ciia ham s f(z) = (31: + 1)2 1a

(3z 4+ 1)°

A. +C. B. é.(?)x +1)3 C.3z+1°+C. D.9-3z+1°+C.

Cau 2: [HTN|Cho hinh phang (H) dugc gi6i han béi duong cong (C): y = sinz, truc Oz va cac dudng
thang = = 0,2 = 7. Thé tich ctia khi tron xoay khi cho hinh (H) quay quanh truc Oz la

AL B. C.r. D. 2.

2 - 2
Cau 3: [HTN]Trong khong gian Ozyz , phuong trinh ctia dudng thang di qua diém A(1;2; — 1) va cd vecto

chi phwong 4 = (1; 3;2) la

A m+1_y+3_z+2 B x—l_?/_3_Z—2

1 2 1 1 2 1

r+1 y+2 21 r—1 y=2 =z+1

C. - - . D. - - .
1 3 2 = 1 3 2

Cau 4: [HTN|Trong khong gian véi hé truc toa d6 Ozyz, phuong trinh mat phang di qua A(1;0;—1) va song
song voi mat phang x —y +2+2=0 la
Acz—y+2+1=0. Br—-—y+24+2=0.C.z—y+2—-1=0.D.z2—y+2=0.

Cau 5: [HTN]Cho F(m) 1a mdt nguyén ham cua ham f(x) _ 1 o biét F(o) = 2. Tinh F(l).

2z +
1 1

A F(1)= Sin3=2. B.F(l)=m3+2. C.F(l)=2m3-2. D.F(1)= Sn3+2.
Cau 6: [HTN]Trong khong gian Ozyz, cho vecto ; — 2 + 3; + 2 Toa do cua ; la.

A. (231). B. (2;3;-1). C. (2-13). D. (2-1-3).

Cau 7: [HTN]Viét phuong trinh ctia mit phang di qua 3 diém A(O 0; 4) ( 0;0), C (O; -1 0).

z
+

A.§+%+_i1:1. B.£+%+_ilzo. C. §+_1 T=0. g§+_ll+i=1
Céu 8: [HTN]|Tim nguyén ham ciia ham 6 f(z) = v2z — 1.

A [f(o)do =S (2o -1z T . B [ f(e)ds = (20 -1V2e -1+ C
C.ff(x)dx:—%VZx—l%—C. D.ff(a;)dx—%\/2x—1+0

Céu 9: [HTN]Tim nguyén ham cta ham sb f( )—x2 +%.
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A
A.ff(:z:)dx:%s%-i—FC. &ff(:z:)dx:%s—%—kc.
C.ff(:z:)dx:%s—i—I—C. D.ff(x)dx:x—;—F%%-C’.

Céu 10: [HTN]Mt 6 to dang chay voi van téc 1a 12 (m / s) thi nguoi lai dap phanh; tir thoi diém d6 6 to
chuyén dong cham dan déu véi van toc v (t) = —6t 412 (m / s) , trong @6 ¢ 1a khoang thoi gian tinh bang

gidy ké tir lic dap phanh. Hoi tir lic dap phanh dén Iuc 6 t6 dimg hin, 6 t6 con di chuyén dugc bao nhiéu
mét?

A. 8m. B. 12m. C. 15m. D. 10m .
2 4 4
Cau 11: [HTN]|Cho ff(a:)dx -1, ff(t)dt — 4. Tinh ff(y)dy.
A. =5 N B.7]2:—3. C.2I:3. D. I =-5.

Cau 12: [HTN|Trong khong gian Oxyz , hiy viét phuong trinh mit cau (S ) co tam [ (2; 3; 4) va tiép xuc véi
truc Ozx.

A (e+2) +(y+3) +(2+4) =25.. B.(v—2) +(y—3) +(2—4) =25

C.(v+2) +(y+3) +(c+4) =4.. D.(z—2) +(y—3) +(z—4) =4

PHAN II. Céu tric nghiém diing sai
Céu 1: [HTN]Cho ham s y = f(z) = —z’ + 12z va F(z) la nguyén ham cta ham s y = f(z) trén R

thoa man F(0) = 2.
a)ff(x)dx = —ix‘l +62° + C, v6i C 1a hang s6 c6 dinh.
b)F(z) =922,

¢)Néu jk.f’(x)dx =5thike
2

3.1
1674}
d)Dién tich hinh phing (7{) gi¢i han boi do thi ham s6 y = f(z), truc hoanh va hai dudng thang
z = 0,7 = 1 bang 23.
Loi giai tham khao

4 2
a)Ta c6 f (~2" + 122} = —% + 122”” +C = —iﬁ +62° +C. Trong @6 C 1a hing sé tiy ¥ (khong
cd dinh), suy ra phat biéu a sai.

b)Ta co F(x) = —if +62° +C . Vi F(O): 2=(C=2.Suyra F(a:) = —if +61° +2.

Taco F(2)= —i(T) +6(22) +2=—4+24+2 =22, phit biéu b diing.

¢)Ta co zk-f'(x>dx:k-[f<4>—f(2)]:5.
Ma f(4)=—(4")+12(4) = —16 va f(2) = —(2') +12(2) = 16.

Suy ra k-(—16—16):5@—32k:5<:)k:—3—52.
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Ta thay _2 ~ —0,156 va _3 = —0,1875. Suyra k €
32 16

3 1 2
——:;—1, phat biéu ¢ dung.
16 4] P .

aco tréen doan |0;1|, hamsO f(z)=—2" +122 > 0.
d)Ta co trén d 0;1], ham s P 4122 >0
1
1
=——+6=0575.
4

0

Dién tich S = JV(ZE) | dz = j(—:):3 + 12x)dx =
0 0

Suy ra dién tich bang 5,75 = 23, phat biéu d sai.

—1934 + 62°
4

Céu 2: [HTN]Trong khong gian Ozyz, cho ba diém A(l; 1;3) , B(2;—1;1> va C (5; 3;1). Goi (S) 12 mét cau
c6 tam 1a diém B va di qua diém A.

a)Phuong trinh ctia mit cau (S) la (:E — 2)2 + (y + 1)2 + (z — 1)2 =9.
b)Puong thang d diqua A va B c6 phuong trinh chinh tic 1a % = y;23 =z _25 .
¢)Mit phing (oz) di qua diém B va cach diém C mot khoang 16n nhit co6 phuong trinh 13
x+by+cz+d=0.Khido 3b+ 3c+ 3d =2.

d)Mot duong thang A thay doi di qua C' va ludn cat mit cau (S ) tai hai diém phan biét M va N . Khi d6

gia tri nho nhat ctia biéu thuc L = 4CM + CN 1a 16.
Loi gidi tham khao

\ 2 2 2 2 2
a)Tac()bénkinhmeitcﬁuR:BA:\/(2—1) +<—1—1> +(1—3) :\/12 —I—(—Z) +<—2> =3.Suyra
phuong trinh mét ciu tim B (2; -1 1) la (x — 2)2 + <y + 1)2 + (z — 1)2 =9, phat biéu a diing.

b)Ta c6 vecto chi phuong uj = EZ = (—1; 2;2) . Puong thing d diqua A (1; 1; 3) c¢6 phuong trinh chinh tic

I z—1 _ y—1 _ z—3
-1 2
¢)Ta c6 mit phing (a) qua B cich C 16n nhat khi (a) vuong goc véi BC tai B. Vecto phap tuyén

. Suy ra phat biéu b sai.

n, = BC = (34,0). Phuong rinh (a) a
3(m—2)+4<y+1)+0(z—1>:04:)3:64—43/—2:0(:):64—%3/—%:0. Suy ra
4 2

b= %,c =0,d = —%. Khi do 3b+ 3c+ 3d = 3[5] + 3(0) + 3[—5] =4 —2 =2, phat biéu ¢ diing.
d)Taco BC =+/3° +4> +0° =5> R, diém C nam ngoai mat cau. Goi A cit (S) tai M, N, taludn co
CM-CN =| L, ) =BC*-R* =5 -3"=16. Ap dung bat dang thac = AM-GM:

L=4CM +CN >2J4CM -CN =24J4-16 =16. Diu "=" xay ra khi 4CM =CN, két hop
CM -CN =16 tim duoc CM = 2,CN = 8. phat biéu d ding.

Céu 3: [HTN]MOt ngudi di’éu khién 6 to dang & duong din mudn nhap lan vao duong cao t6C. Khi 6 t6 cach
diém nhép lan 200m thi toc do cua 6 t6 1a 36 (km/h). Hai gidy sau do, 6 t6 bat dau tang toc voi toc do
v(t) =at+b (a,b€R,a>0),trong dd ¢ 1a thoi gian tinh bang gidy ké tir khi bat dau tang tdC. Biét rang
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6 t6 nhap 1an cao toc sau 12 gidy va duy tri sy ting toc trong 24 gidy ké tir khi bt dau ting tdC. Sau 24 gidy
d6 6 to duy tri toc do cao nhat trong thoi gian con lai trén cao toC.

a)Quing duong 6 to di duogc tir khi bat dau ting téc dén khi nhap lan 1a 180 m.
b)Van toc ctia 6 to tai thoi diém nhap lan 1a 72 (km/h).

¢)Quing dudng ma 6 t6 di duoc trong thoi gian 30 gidy ké tir khi 6 t6 cach diém nhap lan 200m 13 620 m.

d)Sau 24 gidy ké tir khi ting toc, 6 t6 duy tri tc dd cao nhit trong vong 5 gidy thi phat hién chudng ngoai
vat cach d6 300 m. Nguoi diéu khién 1ap tirc dap phanh va 6 to chuyén dong cham dan déu véi a (t) =-3

(m/s?). Khi d6 6 t6 duing lai cach chimg ngoai vat 10 m.
Loi gidi tham khao
a)Dung Déi 36 (km/h) = 10 (m/s).
Vin tdc luc dau 6 t6 14 10 (m/s) nén trong 2 gidy 6 t6 di dugc quang duong 2.10 = 20m
Quing duong 6 t6 di dugc tir khi ting toc dén khi nhéap lan 1a 200 — 20 =180m
Do d6 quing duong 6 t6 di dugc trong 12 gidy ké tir khi bit dau ting toc 14 180m
b)Pung: Do 6 t6 nhép lan sau 12 gidy nén ta co:
12

jv(t)dt =180 j(ater)dt =180 [latz +bt] = 180 < 72a + 12b = 180
/ 2

0

0
Mat khac: V(O) =10 nén b =10 suyraa :% nén van téec 1a v = gt + 10

Do @6 v(12) = 20 (m/s) hay 72 (km/h)
¢)Pung: Quing duong 6t6 di dugc sau 24 gidy ting toc 1a S = [gt + 10] dt = 480m

Van toc tai thoi diém 24 gidy tir lic tang toc 1a v(24) = 2.24 + 10 = 30 (m/s)

Quang duong 4 gidy ké tir luc van toc dat 16n nhat 1a 30.4 = 120m

Viy tong quing dudng di duoc sau 30 gidy ké tir khi 6 t6 cach diém nhap lan 200 m 1a
20 4+ 480 + 120 = 620m

d)Sai: Van toc toc tai thoi diém vugt chudng ngai vat la 30 (m/s)

Van tdc tir khi bat dAu phanh 1a v = f adt = f ~3dt = -3t +C

Vi van tbc khi phanh 1a 30 (m/s) nén C' = 30 do d6 van toc 1a v = —3t + 30
Khi xe ding thi van toc bang O nén ta cdé —3t + 30 = 0 < t = 10 (gidy)

10
Quing dudng di duoc dén khi xe dimg 1a S = f (=3t +30)dt = 150m
0

Vay 6t6 cach chudng ngai vat 300 — 150 = 150 m.

Céu 4: [HTN]MO6t nap bé nudc hinh chit nhat ABCD nam canh bo tudng co kich thude 9dm x 12dm duoc
kéo ra tir mat san. Do tic dung cua trong luc nén ndp bé khong thé mo ra duge néu khong cd ngudi giir.
Nguoi ta ding mot soi day xich dai 15 dm va kéo cing ndi dinh C' cua hinh chit nhat véi diém M nam phia
trén bo tuong sao cho AM = 9dm va AM vudng gbc voi mat san. Chon hé truc Ozyz nhu hinh v€, khi do
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nip bé mo ra va tao véi mit sain mot goc a (don vi trén modi truc toa do tinh bang dm). Bé qua d6 day cia
nap bé.
Az
Me

a)Piém M thudc mit phiang co phuong trinh z = 0.
b)Toa d6 diém C 1a C (951noz;12;9¢osa).
¢)Goc giita nap bé va mit san sau khi kéo 1én 1a o = 60°.

d)Phuong trinh mat phang chtra nap bé nudc sau khi kéo bai day xich 1a z — \/gz =0.

_ Lot giai tham khao i i
a)Sai: Phuong trinh z = 0 thugc mat phang Ozy nhung trong bai toan diém M lai thudc hai mat phang la
yOz va 20z .
b)Sai: Chon tryuc toa d§ nhu hinh v€ dudi day:

Az

oA« u

/
xr

Khi d6: £ = 9cosa va z = 9sina nén toa do C(9cosa;12;9sina)

¢)Sai: Piém M(o; 0; 9) nén MC = (9cos ;12 9sina —9)

Khi d6 M_'C‘ — \/(9008a)2 +12° 4 (9sina —9) =15 & (9cosa) +12° + (9sina —9) =225

& 8lcos® o — 81+ 81(sina —1)2 =0« cos2—1+<sina —1)2 =0

.y ) 2 ) 2 . sina —1=sin« (loaz')
& —sin a+(51na—1> :0@(31na—1) =sin"a & | . .
sinad—1= —sina
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<:>2sma:1<:>sma—1:>oz—6—30°

d)Pung: Toa d6 diém C |—= 9( 2 5 D(O 12; O) O(O;O;O)

R

Khi d6: OD — (0:12;0); DC =

9[ 2] [ODDC} (54;0;_54J§):54(1;0;_J§)

Phuong trinh mat phang chira nap bé nudc sau khi kéo bai day xich 1a z — \/gz =0.

PHAN III Céu tric nghi¢m tra 10i ngin

Cau 1: [HTN]Khi ge‘m hé truc toa d6 Oxyz (don vi trén mai truc tinh theo km) vao mot san bay, mat phéng
(Oxy) trung v&i mat san bay. Mot may bay ¢ ¢ vi tri A(3;—2;3) s€ ha canh toi vi tri B (8; 8; O). Goc gitra
dudng bay (mdt phan cia dwong thang AB) va san bay (mét phan ciia mdt phang (Oa:y) ) bang bao nhiéu

a6 (lam tron két qua dén hang don vi).
Loi gidi tham khao

Ta c6 vecto chi phuong clia duong thang AB la E = (5; 10; —3).

Mit phang san bay (Oxy) 6 vecto phap tuyén la 7 = (0; 0;1).

Goi « 1a goc giita dudng bay AB va mit phing sin bay (Omy) , ta co:
|AB-7i | _ 15-0410-0+(-3) 1] _ 3

[AB|5| ¢ 10+ (cs) oo VI

Suyra o &~ 15°.

sina =

Cau 2: [HTN]|Trong khong gian Ozyz véi don vi trén mdi truc 1a 1 mét, cho hai diém A(4;—2; 1) va
B (—4; 4; 9) . Mot vat thé chuyén dong thiang déu tir A dén gip mit phang (Oyz) tai diém M , sau d6 chuyén
dong tiép tir M dén B . Biét van tdc trén doan AM la v, = 3 (m/s), van toc trén doan MB 1a v, =6 (m/s).
Tim thoi gian ngin nhat (don vi 14 gidy) dé vat thé hoan thanh hanh trinh? (lam tron két qua cuéi ciing dén
hang phan tram).

Loi giai tham khao
Goi A, B 1a hinh chiéu ciia 4, B 1én (Oyz) = A'(0;—21), B'(0;49).

Khoing cich tir A, B dén (Oyz) lan luot 1a h, = d(A,(Oyz)) — 4 vah, = d(B,(Oyz)) -

JhE + A . JhE + B'M*

Y Yy

Pé T thi M phai thuoc doan A'B'. Khidé A'M + MB' = A'B' = \/(4 +2) +(9-1) =10.
Pit AM =2=BM=10—2 (0 <z <10).
2
6+ A16+(10—z) <
Xéthémf(rc): 16;—$ + (6 ) de r=2—>T :ﬁ

Min

Taco T =
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Cau 3: [HTN]|Cho ham sb bac ba y = f(z). Puong thing d : y = az + b tao véi

duong y = f(z) hai mién phang c6 dién tich 1a S,,S, (hinh v& bén). Dién tich hinh

o
< [ 2t 3 A © 1N A <\ \ M 21 <\ 5
phang gidi han bai d6 thi ham sé f(x), truc tung va truc hoanh bang T va S = D
4 7 —2
. Khi d6 gid tri 5, = %(ld phén s6 t6i gian). Tinh a +b = ? 7

Loi giai tham khao
Ta c6 tir @ thi, ham sd bac ba y = f (x) cét tryc tung tai (0; —2) va cit truc hoanh tai 2 = 3. Pudng thing

d diqua (0;—2) va (3; 0), suy ra phuong trinh duong thang d 1a y = %x —2.

Ta co6 dién tich hinh phéng gidi han béi f (x), truc tung va truc hoanh bﬁng % Vi dd thi nadm dudi truc
3 3
21 21
hoanh trén |0;3|,taco: | —f(z|dx = — = z)dr = ——
03] taco: [ S (x)tz == [ 1()

Ta c6 dién tich tam giac gi6i han boi duong thang d , truc tung va truc hoanh 1a S N % 2-3=3.

£ (2) — (az + bz = ]f(:z:)dm —j[%z —Q]Jx -~ —%_(_3) - _%

5 9 5+27 32
2T Ty 12 4 12 12

w | oo

8 L g
Taco S, = 3 la phan so toi gian, suyra @ = 8,0 = 3.

Viya+b=8+3=11.

Cau 4: [HTN]San hién hinh chit nhat ctia mdt ng6i nha la khoang dét %
ABCD dugc lop mai bang kinh mau dé han ché anh sang di qua voi mai L
d6C. Cac bé mat bén ADHE va CGHD niam & birc tudng bén ngoai ngdi

nha. Pat vao moé hinh hé truc toa d0 nhu hinh v€ thi ta c¢é

3[5;5;0]; E(5; 0;2) va H (0; 0; 3) . Trén twong nha c6 mot ngon dén dit

tai diém L cach diém D mot khoang 6m theo phwong thang dimg. Phan ;

c6 mai cua san hién in bong 1én khu vudn bang phing phia trudc ngdi nha E (e F

dudi anh dén tao thanh khoang dat han ché anh sang. Tinh dién tich khoang Al

dat do (Két qua lam tron két qua dén hang phan chuc).
Loi giai tham khao
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(e

E) 14

z

Ta c6 H la trung diém ciia DL nén GH 1a dudng trung binh cia ALDG’ nén tasuy ra G la trung diém

cia LG'.
Mit khac: GC' 1a duong trung binh cia ALDG’ nén G'(O;?;O)
!/
Taco: LA _FEA_2 1 py lppopa_lap_os= E’(7,5;0;0)
ED LD 6 3 3 2
Mat khac: i = LE, _2 = E'F' =1,5.EF =1,5.3,5 = 5,25
E'F LE 3

‘ . (DG’ + E'F').DE" (7+525).7,5
Dién tich khoang datkhidola: S ., = 5 = = 45,9
Cau 5: [HTN]Mot bién quang cao c6 dang hinh vaong ABCD canh AB = 4m . Trén tAm bién do6 c6 cac
duong tron tam A va duong tron tdim B cung ban kinh R = 4m , hai duong tron cat nhau nhu hinh vé. Chi
phi dé son phan gach chéo 1a 150 000 ddng/m”, chi phi son phan mau den 1a 100 000 dong/ m® va chi phi

dé son phan con lai 1a 250 000 dong/ m”

D C
4dm
A B
4m

Hoi sb tién dé son bién ‘quang cao theo cach trén (Bon vi: triéu dong va két qua lam tron dén chir s6 thap
phan thir hai sau dau phay)?

Loi giai tham khao
Goi [ la giao diém cua 2 cung tron AC; BD . Chon géc toa do A(O;O) = B(4, 0)

Xét cung tron c6 phuong trinh y = V16 — z°
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2:167r 4\/_

s

6

4
Phén dién tich gach chéo S = 2.f 16 — 2°dz = 16[m + %sin Qm]

Phan dién tich mau den: 2. [4 47 — 16—7T + 4\/_] 8\/—

Phan dién tich con lai: 16 — [16” 43+ =T 1 83 ] — 16— _ 43

S6 tién dé son bién quang cao:
[12” 4\/_] 150 000+[ : 8\/_] 100 000 -+

Céu 6: [HTN]Quan sat hai mi c6 phiéu A va B ngudi ta nhan thdy trong mdi phién giao dich, néu c6 phiéu

1657 3 YNE) ] 950 000~ 2,2 tridu ddng.

A <0 [ v A < A <9 sz re ’ A 2 . A A < A A <9 (e 1
B khong giam gia thi ¢6 phiéu A giam gia vdi xac suat 5 Nguoc lai, néu co phicu A khong giam gia thi

A <A <0 e 7. ’ A 4 ~ ) A 5 c A (¥4 \ < .7 <\ A
co phiéu B giam gia véi xac suat - Hon nira, xac suat ca hai co phiéu A va B giam gia trong cung mot

ngay 1a 0,1. Hay tinh xac sudt dé co it nhat mot trong hai c6 phiéu A va B giam gia trong mot phién giao
dich.
. o ) _Loi giai tham khao
Goi A va B lan lugt 1a bién c6 ma c6 phiéu A va B giam gia trong mét phién giao dich.
Pat a = P(A) va b= P(B) véi a,b €[0;1].

2 _ P(4B]  p(A)-P(AB) ._o1
Khidc’)tac():g:P(A|B): P((E)) (f)_P(]gf; )_ =0,
P[84) _r(B)-P(48) »-o1

T”‘mgm‘?zp(B'Z): P(Z) - 1-P(4) l—a

=5a+20=25 (1]

= 4da+Tb=47 (2)
Tu (1) va (2) ta c6 h¢ phuong trinh «[iz—iil; Z 1’57 N {Z:gas

Xac suat dé c6 it nhat mot trong hai c6 phiéu A va B giam gia trong mot phién giao dich 1a:
P(AUB)=P(4)+ P(B)- P(AB) =07
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‘ ) BANG DPAP AN DE SO 01 ON GK 2 TOAN 12
PHAN I: Trac nghiém nhi€u lya chon
% MOi cau dung duge 0,25 diém.

009 B B D D D A D B B B D B

PHAN II: Tric nghiém diing sai
< Diém t6i da mdi cau 1a 1 diém.
% Pung 1 ¥ duge 0,1 diém; dung
Midé Caul

2 ¢ dugc 0,25 diém; dung 3 ¥ duge 0,5 diém; dang 4 ¥ duoc 1 diém.

2)S-bP-c)P-d)S [a)S-b)P-c)P-d)P |[a)P-b)P-c)P-d)S | a)S-b)S-¢)S - d)P

PHAN III: Tric nghiém tra 10i ngin
«» Moi ciu dung duoc 0,5 diém.

Cau 4

009 15 700 2.98 45,9 2,2 0,7
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A
!
by ! ~ ES ~ b
BO PE : BOQ DE THI GIUA HQC KY 2
THUC CHIEN | Mon: Toan 12 i
DE SO 02 | Thoi gian lam bai: 90 phut (khong tinh thoi gian giao dé)
I
1

PE BAI
PHAN I. Thi sinh tra 16i cAu héi tir cAu 1 dén cAu 12. Mdi cau héi thi sinh chi chon mdt phwong 4n
Céu 1: [HTN]Khing dinh nao duéi day 1a dung?

3 4

31 4 31 o2 3y,. . L 31, L
A.fa:dx—a: + C. B.f:z:da:—Bx +C.C.fxdx—ln3+C.D.fxdx— 1 +C.

CAu 2: [HTN]Cho hinh phing (H) gi6i han boi d thi (P) :y = 2z — z° va truc Oz . Tinh thé tich cua khdi
tron xoay tao thanh khi cho (H ) quay quanh truc Oz .

vl A . 3
15 15 15 15

Cau 3: [HTN|Trong khong gian v&i hé truc Ozyz, cho diém M (2;—3;1) va mit phang

(a) 2+ 3y —2+2=0.Puong thang d di qua diém M va vudng goc véi mit phang (a) c6 phuong trinh

tham s6 1a
r=2+1 r=2—1 r=2+t r=1+2t
A.jy=—-3+3t. B. iy =3-3t. C.iy=-3+3t. D.jy=3-3t.
z=1+t z=14+1 z=1—t z=—-14+1
; . A - . 22> — 3z —2
Céu 4: [HTN]S6 dudng tiém can ciia dd thi ham s y = % 1a
x p—
A. 0. B. 2. C.1. D. 0.
Ciu 5: [HTN]Nghiém cua phuong trinh log, (a: + 1) =21la
A. 2. B. 8. C. 7. D. 5.
Cau 6: [HTN] Trong khong gian vai hé truc toa d Ozyz , mat phfmg (P) :% + % + % =1 c6 mot vecto
phap tuyén la:
Ao n=(232). B. n = (323). C.n=(23%-2). D.n=(32-3).

Cau 7: [HTN] Cho hinh chép S.ABCD c6 day 1a hinh vuong canh \/ga , SA vubng goc voi mat phang
day va SA = \/50,. Goéc gitta SC va mit phang (ABCD) bang:

S

A. 60°. B. 30°. C. 45°. D. 90°.
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Céu 8: [HTN] Téap nghiém cua bat phuong trinh 3** < 27 la:

A. —c>o;§ . B. §;—f—oo . C. (—oo;?). D. 0;§ .
2 2 2
Cau 9: [HTN] Cho ddy s6 (u, ) thod man u, = 2u,, = 3u,,¥n € N'. Gi trj cta u, bing
A. 6. B.g. C. 18. D. 12.
CAu 10: [HTN] Cho hinh hop ABCD.A'B'C'D’. Vecto u = BB' + BA+ BC bang vecto nao dudi day?
A/ _D/
B/ i ’// Cl
L L
B¥. c
A.BD. B. BD'. C. BC. D. BA'.
Cau 11: [HTN] Ham s6 y = v—2” + 2z dong bién trén khoang nao?
A. (0;1). B. (1;2). C. (~o5;0). D. (2;+oo).

Cau 12: [HTN] Trong khéng gian Ozyz, cho mit cau (S ) c6 phuong trinh
(x — 2)2 + (y + 1)2 + (z — 3)2 = 9. Toa d6 tdm ctia mit cau da cho 1a:
A. (2-13). B. (—21;3). C. (-21-3). D. (-2-1;3).

PHAN II. Thi sinh tra 19i tir cAu 1 dén cau 4. Trong mdi y a), b), ¢), d)6 mdi ciu, thi sinh chon ding
hoic sai.
Céu 1: [HTN] Mot duong ham mé hinh nhu hinh v& c6 chiéu dai 5 (cm) . Khi

cit md hinh nay boi cac mat phang vudng goc véi day ciia no, ta duoc mat cat
1a mot hinh parabol c6 do dai ddy gap doi chiéu cao. O d6 hinh parabol 1a hinh
phang duogc gidi han boi mot dudng parabol va doan thang ndi hai diém thudc
parabol dong thoi vudng goc voi tryc d6i xtmg ciia parabol do dugc goi la day,
khoéang cach tir dinh ciia parabol xudng day goi 1a chiéu cao. Chiéu cao ctia moi

, _ 2 .
mat cat hinh parabol cho bdi cong thic y =3 —gx (cm), voi (cm) la

khoang cach tinh tir 16i vao 16n hon ciia duong him mé hinh dén mit phang chira mit cit.

a)Néu mot hinh parabol c¢6 ddy bang d va chiéu cao bang A nhu hinh vé& thi phuwong trinh cua parabol 13

_4h
=——2z +h.
V= d?
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| W
h
X
T4 0O FA
T2 2

b)Dién tich ctra 16n ctia dudng him mé hinh bang 12 (cm2 )
¢)Chiéu cao cira nho ciia duong him mé hinh bang 2 (cm)
d)Néu ngudi ta 1am mét khdi c6 kich thude nhu mé hinh duong hdm & trén bang nguyén liéu c6 gia 5,4 triéu

dong cho mdi cm?® thi s6 tién can bo ra dé mua nguyén lidu la 156 triéu dong.
Loi gidi tham khao

. 2 |d
a)Ta c6 dinh cua parabol 1a (0; h) va di qua diém [5, 0] nén phuong trinh c6 dang y = az® + h.

Suyrahé s a = _ili_}; va phuong trinh parabol 1a y = —z—lzxz + h. (Ménh d¢ Pung)
b)Ta c6 tai 16i vao 16n z = 0, chiéu cao h = 3 (cm) va do dai day d = 6 (cm).

3
Suy ra dién tich cira 16n ctia duong him 1a § = f [—éﬁ + 3]da: =12 (cm?®). (Ménh dé Pung)
-3

¢)Ta co tai 161 vao nhé twong tng voi . = 5.

Suy ra chiéu cao cranho 1a h = 3 — % 5 =1 (cm). (Ménh dé Sai)

2
d)Ta c6 dién tich mat cét tai vi tr z 1a S(x) = %[3 — %x] .

Suy ra thé tich khéi mo hinh 1a V = f S(m)dx = % (cm®) va sé tién nguyén liéu can bo ra la
0

T = 29@ -5,4 = 156 (triéu dong). (Ménh d& Pung)

Céu 2: [HTN] Mot chat diém chuyén dong trong 3 gidy voi van toe v (t) = mcos (7Tt) + n (don vi: m/s)
trong do ¢ (gidy) 1a bién thoi gian va m,n 1a cic hang s6 c¢6 do thi nhu hinh sin vé& dudi day:

gv(m/s)
0 sige wmm s s s m o wmvmm

] e
w

o) t(s)
: >
a)Van toc cta vat ¢ thoi diém ¢ = 2 gidy 1a 10 (m/s)
bym =5
c)n =10
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d)Tong quang dudng vat di duge sau 3 gidy 1a 27,93 m

a)Ta co tir do thi van tdc, tai thoi diém ¢ = 2 duong cong dat dinh cao nhét véi gia tri twong tmg trén truc
tungla 10. ) .

Suy ra van toc cta vat ¢ thoi diém ¢ = 2 gidy 1a 10 (m/s). (Ménh d¢ Pung)

b)Ta c6 dua vao cac diém di qua trén dd thi, v(O) =m+n=10 va v(l) =-m+n=0.

Suy ra m = 5. (Ménh dé Ding)

¢)Taco til: hé phuong trinh ¢ trén, ta tinh d}rgc n=>5.

Suy ra khang dinh n = 10 1a sai. (Ménh dé Sai)

d)Ta c6 ham sb van tdc cua chat diém 1a v (t) = 5cos (7rt) +5.

3
Suy ra tong quang duong vat di dugc sau 3 gidy la § = f (5 oS (ﬂt) + 5)dt =15 (m). (Ménh d¢ Sai)
0

Céu 3: [HTN] Trong khong gian véi hé truc toa d6 Ozyz , mot con chim bd cau xuét phat tir O (O ;0; 0) di
chuyén véi vecto van toc v, = (1; 2; 2) . Cung luc d6, mot con chim én ciing bat dau di chuyén tir A (0; 0; 5)
véi vecto van toc v, = (O; 3; 4). Tén tai mot ving khong gian nguy hiém, noi ma & d6 thuong xuyén xuat

s \ 2 2 2 ;o o~
hién nhitng nguoi san bat chim c6 dang mat cau (z — 2) + <y — 4) + (z — 4) = 16 . Biét rang moi don vi

trén céc truc toa do trong khong gian twong dwong 1 m va don vi do thoi gian tinh bang giay.
a)Tdc d6 di chuyén cua chim bo cau la 3 m/s

b)Chim én ¢6 di chuyén vao ving nguy hiém trong qua trinh bay

¢)Thoi gian ma chim bo cau di chuyén trong ving nguy hiém nhé hon 5 gidy

. . . . s 2
d)Khoang cach giira hai duong thang quy dao ctia hai con chim bang gm
rT=1t

a)Ta c6 phuong trinh dudng bay ctia chim bd ciu xuat phat tir O(O; O;O) la {y =2t voi vecto van toc
2 =2t

B =(1522).
Suy ra toc do di chuyén ctia chim bd cau 1a |7, |= 1 427 +2° = 3 (m/s). (Ménh d& Pung)

z=0
b)Ta c6 phuong trinh dudng bay ciia chim én xut phat tir 4 (0; 0; 5) la{ y=3t' vamitcau ving nguy
z=>5+4t

hiém c6 tam (2;4;4), ban kinh R = 4.

V461

Suy ra khoang cach tir tim I dén duong thang quy dao bay cia chim énla d = = ~ 4,29 > 4 nén chim

én khong di chuyén vao ving nguy hiém. (Ménh dé Sai) ‘
¢)Ta co6 thay toa do duong bay cta chim bo cau vao phuong trinh mat cau, ta dugc phuong trinh thoi gian

xac dinh vi tri chim b cdu ndm trong ving nguy hiém 1a (t — 2)2 + (2t — 4)2 + <2t — 4)2 <16.
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. 2 1 .
Suy ra giai bat phuong trinh ta duoc 3 <t < ?O, khoang thoi gian bay trong vung nguy hiém la
1 2 ) 5
At = 50 ~3 = % < 5 (gidy). (Ménh d¢ Pung)
d)Ta c6 dudng bay bo cau di qua O(O; O;O) co U, = (1;2;2) va dudng bay chim én di qua A(O; 0;5) co
7, = (0;34).

) . ~ - \ 2 ~ \ | [77 U ] OA | 15 2 A A .
Suy ra khoang cach gitia hai duong thang quy dao la d = = (m). (Ménh dé Sai)

= = —
| [9,,7,] | Vo9 3

CAu 4: [HTN] Diém kiém tra cudi ki mén Toan ciia mot hoc sinh phu thudc vao viéc hoc sinh d6 c6 cham
chi lam bai tap v€ nha hay khong. Néu ban An cham chi lam bai tdp vé nha mon Toan thi xéc suat dat diém
tot kiém tra cudi ki 1a 0,9. Con néu ban An khong cham chi 1am bai tdp ve nha thi xac suat dat di€ém khong

t6t kiém tra cudi ki 1 0,85. Xac sudt An chdm chi 1am bai tap vé nha mén Toan 1a 0,75.
a)Néu An cham chi 1am bai tap vé nha moén Toan thi xac sudt An dugc diém khong tot kiém tra cudi ki 1a
0,1.
b)Néu An khong cham chi 1am bai tap vé nha mén Toan thi xac suat An duoc diém t6t kiém tra cudi ki 1a
0,2.
¢)Xac suat dé An dat diém khong t6t kiém tra cudi ki 1a 0,35.
d)X4c suat dé An dat diém t6t kiém tra cubi ki 1a 0,7125.

Qoi A 12 bién ¢b "An cham chi lam bai tap vé nha mén Toan" va B 1a bién ¢ "An dat diém t6t kiém tra
cuoi ki".
T gid thiét dé bai, tacé P(A)=0,75; P(A)=0,25; P(B|A)=0,9; P(B|A)=0,85.
a)Ta c6 xac suit An dugc diém khong tot khi cham chi lam bai 1a x4c suat cua bién c6 di P (E | A) .
Suyra P(B|A)=1-P(B|A)=0,1.(Ménh d Ding)
b)Ta c6 xac suat An dugc diém t6t khi khong cham chi 1am bai 1a x4c suat cua bién c6 dbi P (B | Z) .
Suyra P(B|A)=1-P(B|A)=0,15. (Ménh dé Sai)
¢)Ta c6 theo cong thirc xac sudt toan phén, x4c sudt dé An dat diém khong tot 1a
P(B)=P(A)P(B|A)+ P(A)P(B|A).
Suyra P(B)=0,75-0,140,25-0,85 = 0,2875 = 0,35 (Ménh d¢ Sai)
d)Ta c6 xac sut dé An dat diém tt 13 xac suat cta bién cb dbi P (B) =1-P (E) .

Suy ra P(B)=1-0,2875 = 0,7125. (Ménh d¢ Diing)

PHAN II1. Thi sinh tra 1&i tir cAu 1 dén cau 6
Cau 1: [HTN] Cho khéi ling tru tam gidc déu ABC.A'B'C’" . Biét s6 do goc nhi dién [A', BC, A] bing
30° va tam giac A’BC c¢6 dién tich bang 32. Khoang céch giita hai duong thang AB va A’ C' bang bao
nhiéu?

Loi giai tham khao
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Goi M 1a trung diém cua BC thi ta c6 «[ = BC L (A'AM)

BC 1 AA

V3

[ AM = —zx
Suy ra [A’,BC,A] = A'MA=30°vadit AB=BC =CA=1 = 2
2SA'BC 64
AM =202 02
BC T

AM 364 V3 3

22 = N2 =8

AM 2 r 128 2

J

Vay AA" = AM tan30° = Txi =4=d=4

Vs y

Khoang cach giita hai duong thang AB va A’ C’ bang 4.

= c0s30° =

Céu 2: [HTN] Mat san cua mdt thang may c6 dang hinh vudng AB CD canh bang
2(m) dugc lat gach mau trang va trang tri boi mét hinh 4 canh giong nhau mau
sam. Khi dat trong hé truc toa d Ozy v6i O 1a tAm hinh vudng sao cho A (1;1) -

thi hai duong cong noi tr O dén A cuia canh hinh mau sam la mét phan cua do

thi ham s6 y = 2° va y = az® + bz (tham khao hinh v&). Gia tri ctia ticha - bbang

‘A < A M ‘A ’ A \ X <A ]- A It - \
bao nhiéu, bi€t rang dién tich phan mau sam chiém g dién tich mat san?
Loi giai tham khao
1 3 4 2
cA s , , N ;1 2 3 T bz
Dién tich 1 canh cta hinh trang tri 1a: S, = f(a: —az’ — b:v)da: = [? - —] ’ =—————

0

= di¢n tich hinh trang tri la: S = 45 = % —a—2b

. x N 4 4
Vi dién tich trang tri mau sam chiém g dién tich mat san nén g —a—2b= g Sa+20=0

. a+20=0 a=2
Khi d6 ta co: &

a+b=1 b=-1
Vay ab = -2
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Cau 3: [HTN] Mot doanh nghiép kinh doanh san xuat ddng hd c6 dd thi ham tong chi phi theo s6 san pham
la mot phan d0 thi cua ham s0 béac hai trén béac nhat

2
f (x) = ar thte nhu hinh v& (mdi don vi trén truc hoanh twong

T+e
{mg 100 san phdm va mdi don vi trén truc tung tuong tng 1000USD).

Biét rang tam d6i xtng cta do thi ham s6 f (x) la A [— 1;%] va duong

tiém cén xién cua dd thi ham sb di qua diém B (3;2) . Theo khao sat,
tong doanh thu cta doanh nghiép nay dugc mo ta boi ham sd
R (x) = 2% + 2z va loi nhuan thu vé khi ban 200 san pham bang 5250
USD. Khi chi phi theo s6 san phrém dat gia tri nho nhét thi s6 san pham
san xuat dugc 1a bao nhiéu? (Keét qua lam tron dén hang don vi)

Lo1i giai tham khao
D¢ dang suy ra dugc e =1 va d6 thi c6 duong tiém can dung la x = —1

Y&

Goi duong tiém can xién cua dd thi ham s6 f (m) lay=ax+0

2 1

Theo gia thiét ta co: | +b= § =107 § nén duong tiém can xién la y = lx +1
3a+b=2 b=1 3
2
Ham sb f(:n) = w dugc viét lai dudi dang f(m) = lx +1+ d
T+e 3 z+1

Loi nhuan = Doanh thu — Chi phi @P(x)zR(x)—f(z)@mz’ +2$—§x—1—xi1

Theo gia thiét 1gi nhuan thu vé khi ban 200 san pham bang 5250 USD.

Khi d6 P(Z):5,25<:>%—§:5,25(:>d:§:3,25

_\@ (loaz’)

z=——-1

Vayf(x)=§w+1+3’i51 codaohamf'(x)zé_i‘r’?:o@ 2

! (x + 1) T = N9 1(nhan)
2
Bang bién thién:
T 10 _‘5’9 -1 +o0
f'(x) — 0 +

+oo

17
f(@) Z\ s
39 2
3 '3

Vay s6 san pham khi chi phi dat gia tri nho nhat 1a [

Pap an:

Cau 4: [HTN] Mot binh chira day nuéc c6 hinh dang hinh lap phuong canh 8cm . Nguoi ta dat 1én miéng
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binh mot khdi cau c¢6 dudng kinh bang 10cm 1am cho nudc trong binh bi tran ra ngoai. Thé tich nude con
lai trong binh 1a bao nhiéu centimét khoi? (lam tron két qua den hang don vi).

Loi gidi tham khao

Ta c6 thé tich ban dau ctia binh nude hinh lap phuong 1a V= 8 =512 (cm®).
Ta c6 khdi cau ban kinh R = 5 (cm) dit vira vin 1én miéng binh nén dudng tron giao tuyén c6 ban kinh bang
khoang cach tir tam hinh vuéng dén canh mat day, suy ra r = 4 (cm).
Suy ra khoang cach tir tim khdi cau dén miat phang miéng binh 14 d = V5> — 4> = 3 (cm).
Suy ra chiéu cao cua phan chom céu chim trong binh nude 1a h =5 —3 =2 (cm). i
Ta c6 thé tich phan nudc tran ra ngoai chinh Ia thé tich cua chém cau duoc tinh bang cong thic
V., =7h*|R— h .

3

2

Suyra1/2:7r,22,[5_§]:52_7r( )

Suy ra thé tich nudc con lai trong binh [a V = 512 — 52% ~ 458 (cm?).

Cau 5 [HTN] Tur mot qua ciu bang da trang st ban kinh bang 1 dm, ngudi ta khoan rit 16i ngay “chinh
giita” qua cau (truc ddi xung cua 161 va qua cau trung nhau) nhu hinh sau v6i duong kinh mii khoan 1a 1
dm duoc mot vat thé co thé tich V' 1a bao nhiéu dm3? (Bo6 qua d6 day miii khoan va két qua lam tron dén
chir s6 thap phan thir hai sau diu phay)

.

Loi giai tham khao
Goi V| la thé tich cta khdi tru va V, la thé tich ctia chom cau

A , A- \ 2 3 ;1A - , . A1y
Nira chiéu cao cua khoi tru 1a: [ = 41> — (0,5) = o> nén ta co the suy ra chi€u cao cuia chom cau la:

¥ s

h:l—?.Thétichkhéitrulé: V.= nR.H = mR 2= =
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R 2 R x3
Thé tich chém cau: V, = 7rf (\/R2 —x2) dz &V, = 7Tf (R2 —xz)drc SAA :W[R2SC—§]

R—h R—h

3
<:>V2:7T[R3 Rs] R*(R—h)- (4] @VZ:WhQ[R—E].
3 3 3

3v/3

. . 3 2
Thay s0 ta suy ra duoc thé tich cua chom cau la V, = g — —]

_\/_+ 33

3 8

8 — 33

Khi d6 thé tich ctua khdi can tim 14 V = Vi +2V, = = 6 7~ 1,47 dm?

Cau 6: [HTN] Trong mét khu rirng ¢6 ba loai tha san mdi: HO, Bao va Su tar. Ti 1& xuét hién ctia HO, Béo,
Su tir trong rimg lan luot 1a 1a 40%, 35%, 25% . Ban dém, nhiing lodi nay sin moi va dé lai diu chan. Mot
chuyén gia sinh hoc dén khu rimg va nhan dién ddu chan nhung cé xé4c suat nhan dién sai nhu sau:
- Néu 1a d4u chan ho, chuyén gia nhan dién ding vdi xac suit 80%, nham 13 bao véi xac sudt 15%, nham 1a su
tir voi xac suét 5%.
- Néu 12 d4u chan bao, chuyén gia nhan dién ding vdi xac suit 75%, nham 1a hd vai xac suat 20%, nham 1a su
tir voi xac suét 5%.
- Néu 1a diu chan su tir, chuyén gia nhan dién dang voi xac suit 85%, nham 1a hd véi xac suat 10%, nham 1a
bao vai xac suat 5%.
Mot ngay no, chuyén gia phat hién mot dau chan va nhan dién n6 14 cua ho Gia suir chuyén gia tiép tuc phan
tich va l1an thtr hai van nhan dién dau chan nay la cua ho. Khi d6, xac suit thyc sy d6 1a ddu chan cua ho 1a
bao nhiéu? (lam tron két qua dén hang phan trim)

Loi giai tham khio

Goi A, A, A, lan luot 14 cac bién cd "Déau chan thuc su 1a ciia HO", "DAu chan thuc su 1a ciia Bao" va "Dau
chan thuc su 1a caa Su ta".

Ta c6 ti 1¢ xuét hién clia céc con vat trong rimg 1a P(A ) = 0,4; P(A,)=0,35; P(A)=0,25.

Goi E 1a bién co "Chuyén gia nhén dién dau chan do6 1a cuia HO trong hai lan phan tich lién tiép".

Ta c6 xac sudt nhan dién sai sét 1a doc lap trong moi lin nén P (E | A1) =0,8" =0,64;
P(E \ Ay) = 0,22 = 0,04; P(E | Ag) =0,1> = 0,01.

Ta c¢6 theo cong thic xac suat toan phan, xac suat biecn c0 F xay ra 1la
P(E)=P(A)P(E|A)+ P(A)P(E|A)+P(4)P(E|A,)=02725.

Suy ra theo cong thuc Bayes, xac suat thuc sy do6 1la dau chan HoO 1a
P45~ P(A)P(EIA) 0,256

P(E) 00,2725

~ 0,94.

BANG DAP AN DE 02 ON GK 2 TOAN 12
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PHAN I: Tric nghi¢m nhiéu lya chon
M&i cau ding duogc 0,25 diém.

009 D D A C B B D

0 Thay Nghia - Luyén Thi Toan 10-11-12 (@] 0362546417

PHAN II: Tric nghiém dung sai
Diém t6i da mdi cau 1a 1 diém.

Pung 1 ¥ duoc 0,1 diém; dung 2 ¥ duge 0,25 diém; dang 3 ¥ duoc 0,5 diém; ding 4 ¥ duoc 1 diém.

Midé Caul

a)D-b)P-¢)S-d)P | a)P-b)P-¢)S-d)S | a)P-b)P-¢)P-d)S | a)D - b)S - ¢)S - d)P

PHAN III: Tric nghiém tra 10i ngin
MOoi cau dung duogc 0,5 diém.

Cau 4

009 4 -2 212

458

1,47 0,94
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A
!
by ! ~ ES ~ b
BO PE : BOQ DE THI GIUA HQC KY 2
THUC CHIEN | Mon: Toan 12 i
DE SO 03 | Thoi gian lam bai: 90 phut (khong tinh thoi gian giao dé)
I
1

PE BAI
PHAN I. Thi sinh tra 16 cAu héi tir cAu 1 dén cAu 12. Mdi cau héi thi sinh chi chon mdt phwong 4n

Cau 1: [HTN] Néu } f(z)dz = 2025 thi }2 f(z)dz bing?

A. 2025 B. % C. 2023. D. 4050

Loi giai
Chon D

Ta c6 j2f(x)dx = 2.jf(x)dx =2.2025 = 4050 .

Cau 2: [HTN] Trong khong gian Ozyz, cho mit phang (P) c6 phuong trinh 2z —y 4+ 2z — 4 = 0. Phuong
trinh
mit phang (Q) song song v&i (P) va di qua diém M(l;—1;3) la
A2z —y+2+6=0. B.2x+3y—2+4=0. C. 2z—y+2—-6=0.
D.z—y+32—-6=0.
Loi giai
Chgn C
Vi (Q) song song voi (P) nén ;L; = 5; = (2;—1;1)
Mt khac, (Q) di qua diém M (1;—1; 3) nén phuong trinh cia (Q) la: 22 —y+2—-6=0.
Cau 3: [HTN] Trong khong gian Ozyz , duong thang di qua diém A(l; 1; 1) va vudng goc v6i mit phang

toa do (Oxy) c6 phuong trinh tham s6 1a

r=1 =141 =141 r=1
A jy=1 . B.iy=1+¢. C.jy=1 . D.jy=1+t¢.
z=1+1 z=1 z=1 z=
Loi giai
Chgn A

Mit phéng (Owy) ¢6 véc-to phap tuyén 1a % = (0;0;1).

Puong thing vudng goc véi mat phang toa do (Omy) nén c6 véc-to chi phuong la u = (0;0;1) va di qua

=1
diém A (1; 1;1) suy ra phuong trinh can tim 14 {y =1
z=1+1

Ciu 4: [HTN] Trong khong gian Ozyz, mot vecto phap tuyén ciia mit phang % + il + % =11la
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An=(-3-6-2).

B
C.n=(2-13). D. n = (3:6,-2).

Chon D

Tacod %+%+§:1®3x+6y—2z+620.

Viy mit phing trén c6 mét vecto phap tuyén 1a n = (3; 6; —2) .

Céu 5: [HTN] Cho hinh phiing (H ) gi¢i han béi céc duong y = 2 +3, y =0, z =0, z =5. Goi Vla
thé tich

ctia khéi tron xoay duoc tao thanh khi quay (H ) xung quanh tryc Oz . Ménh dé nao dudi day ding?

A-V:]($2+3)d:v. —

C.V= Z(x +3) _

Loi giai

(27 +3)

!
v 2

Chon B

Thé tich cta khdi tron xoay dugc tao thanh khi quay (H ) xung quanh tryc Oz 1aV =« f (:1:2 + 3)2dx
0

Cau 6: [HTN] Trong khong gian Ozyz, cho hai diém A(5;—4;2) vaB (1;2;4) . Mit phang di qua A va

vuéng

goc voi duong thang AB 1a

A.2x -3y —2—-20=0. B.3z—y+32-25=0.

C.3z—y+32—13=0. D.2z—-3y—2+8=0.
Loi giai

Chgn A

Mit phang di qua A va vuéng goc v6i duong thing AB nén nhan E (—4; 6; 2) 1a vecto phép tuyén. Phuong
trinh mdt phang can tim 12‘1—4(:17 — 5) + G(y + 4) + 2(2 — 2) =0& —42+6y+22+40=0 hay
20 —3y—2—20=0

b
Cau 7: [HTN] V6i a,b 1 cac tham sb thuc thi gi4 tri tich phan I = f (827 — 202 —1)dz bing
0
A. b’ —ba® —b. B. b’ +b’a+b. C.b"—ba—b. D. 3b° —2ab—1.
Loi giai
Chgn C

b

Ta co: ]:f(3x2 —2ax—1)dx:(x3 —az’ —x)b

0

=0’ —ab> —».

0

Céu 8: [HTN] Tinh thé tich V ctia phan vat thé giéi han boi hai mit phing = = 0,z = 1, c¢6 thiét dién bi
cat boi mat ph:fmg vudng goc voi truc Ox tai diém c6 hoanh d6 = (0 <z< 1) la mdt tam giac déu c6 canh

bang .
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A
12 12
AV =28 B.V =22, C.V:&. gvzﬁ.
) ) 12 12
Loi gidi

Chon D
1 1

Thé tich vat thé 1a: V = [ §(z)dz = fﬁﬁdx —~ ﬁ
0 0 4 12

Cau 9: [HTN] Trong khong gian voi hé toa @ Ozyz, cho hai diém A(l;—3;2),B (3;5;—2). Phuong
trinh mat phang trung tryc ciia doan thang AB ¢6 dang 2 4 ay + bz +c¢ = 0. Khi dé a + b + ¢ bang
A. 2. B. 4. C. -3. D. 2.
Loi giai
Chon B
Goi (a) 12 mit phing trung truc cua doan thing AB
= (a) di qua trung diém M cua doan thing AB va vudng goc v6i duong thang AB .
Ta co M(?;l;O) va E = (2; 8;—4), ta chon 1 vecto phap tuyén ctia (a) lan = (1;4;—2).
Phuong trinh mat phang (a) di qua M(2;1;O) vanhan n = (1;4;—2) lam vecto phap tuyén la
Hz—2)+4(y—1)-2(z—0)=0 s +4y—2: —6=0.
Suyraa=4,b=—-2c=—-6 néndoddé a +b+c = 4+(—2)+<—6) =—4.

Cau 10: [HTN] Cho hinh phang D gi6i han bdi cac duong y = vz — 1, truc hoanh va = 5. Thé tich
khdi tron xoay tao thanh khi quay D quanh truc Oz bang
157 15

A5 B. —. C. 8. D. 8.
2 2

Loi giai
Phuong trinh hoanh d6 giao diém cta ham s6 y = vz —1 vatruchoanhla vz —1=0= 2z =1.

Khi d6 thé tich khi tron xoay tao thanh khi quay D quanh tryuc Oz 1a
5

v J(Jﬁfdx _ Wj(x_l) dx = n[g_]

Céu 11: [HTN] Dién tich ctia phan hinh phang gach chéo trong hinh duéi day bang:

= 8.

AY
y =
O T
y——ar:3+2x
A2 B. 37 c.?. p. 22
12 -1 4 4
Loi giai
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z=1

Giai phuong trinh 2° = —2° + 2z & 2° +2° — 21 =0 |2 =0
T =—2.

1
Dién tich cia phan hinh phang gach chéo trong hinh bén bang § = f ‘:c“ +2° —2z|dy = % .

Cau 12: [HTN] Tinh thé tich ciia khi tron xoay khi cho hinh phang gidi han boi duong thang = = 2, do
thi ham s6 y = z* va truc hoanh khi quay xung quanh truc Oz .

ALz B. 2T c. 22 D. .
5 6 - 5 6
Loi giai
Phuong trinh hoanh d6 giao diém cta d6 thi ham s6 y = 2* vatruc Oz: 2° = 0=z = 0.
2 ) 2 5|2
Tacé:V:wf(azz) dxzﬂf.’l,'4d$:7]'$— :32_7r_
0 ) 5, 5

PHAN II. Ciu tric nghiém diing sai.

Cau 1: [HTN] Ngay nay, viéc s dung dién thoai thong minh trong cong viéc khong con xa la voi bat ky
ai, nhung diéu d6 cling mang dén mot s6 anh hudng xau, dic biét 1a vé van dé stc khoe cuia mit.

Tai truong dai hoc X, 60% sinh vién & day co6 thoéi quen theo ddi man hinh dién thoai vugt mirc cho phép.
Ciing tai truong dai th X nay, ¢t 5 sinh vién thi co dén 4 sinh vién bi bénh vé mit. Dic biét, trong s6 nhitng
sinh vién c6 thoi quen theo ddi man hinh dién thoai vurgt mirc cho phép thi ctr 7 ban c6 dén 6 ban bj bénh vé
mat. Chon ngdu nhién mét sinh vién cia trudng dai hoc X .

a)Xac suét dé sinh vién dugc chon bi bénh vé mat 1a 0,4.

b)Biét r@ing sinh vién dugc chon c6 thoi quen theo ddi man hinh dién thoai virgt mire cho phép, xac suit dé

. ) . N 1
sinh vién nay khong bi bénh vé mat 1a e
c)Biét réng sinh vién dugc chon khong co6 thoi quen theo doi man hinh dién thoai vugt muc cho phép, xac
suat dé sinh vién nay bi bénh v¢é mat la -
d)Biét rang sinh vién dugc chon khong bi bénh vé mit, xac suat dé sinh vién nay c6 thoi quen theo ddi man
hinh dién thoai vugt muic cho phép 1a % .
Loi giai tham khao

Goi A 1a bién ¢co "Siph vién c6 thoi quen theo doi man hinh dién thoai vugt mic cho phép" va B 1a bién ¢o
"Sinh vién bi bénh vé mat".

iy A1 4 6
Ta c6 tir gia thiét bai toan: P(A)=0,6; P(B)===0,8 va P(B|A)=_

5 7

a)Ta co xac sudt dé sinh vién dugc chon bi bénh vé& mét di cho 1a P (B) 0,8.
Suy ra ménh dé 0,4 1a sai. (Ménh d¢ Sai)
b)Ta co xac sudt sinh vién khong bi bénh vé mit khi biét sinh vién d6 dung dién thoai vuot muc 1a

P(B|A)=1-P(B|A).
Suy ra P(E | A) = % (Ménh d¢ Pung)

¢)Ta c6 theo cong thirc xac suat toan phan P(B) = P( ) (B | A) + P( ) (B ] A)
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Suyra P(B|A) = g (Ménh d Sai)

— P
d)Ta c6 theo dinh ly Bayes, P (A | B) =
5\ 3 At AA Tav
Suy ra P(A | B) == (Ménh d¢ Pung)

Cau 2: [HTN] Mot 6 to dang chuyén dong thang déu véi van toc 24(m / s) thi ngudi lai xe dap phanh dé
xe chuyén dong cham dan déu dén lic ding han. Tir thoi diém ngudi 14i xe bat dau dap phanh, 6 to chuyén
dong cham din déu véi van toc thay ddi theo thoi gian 1a v(t) = —3t +24(m / s), trong d6 ¢ 1a thoi gian
tinh bang gidy ké tir luc bat dau dap phanh. i o ' .
a)Tai thoi diém nguoi lai xe dap phanh duoc 3 giay (ké tur luc bat dau dap phanh) thi van toc cua 6 to bang
21(m / s).
b)Thoi gian tinh tir lac nguoi 1ai xe bit dau dap phanh cho dén khi xe dimg han 1a 8 giay. )
¢)Trong khoang thoi gian ngudi 1ai xe dap phanh, quang dudng 6 t6 di dugc trong 4 gidy cudi 16n hon quang
duong 6 t6 di dugc trong 4 gidy dau. o ) i
d)Quéang duong 6 t6 di duoc tinh tir Iuc bat dau dap phanh cho dén khi xe dimg han 1a 192 mét.

Loi giai tham khao
a)Ta c6 van téc clia 6 16 tai thoi diém ¢ = 3 1a v(3) = —3-3 4 24.
Suy ra v(3) =15 (m/s). (M¢nh d& Sai)
b)Ta co 6 t6 dimg han khi van toc v(t) = 0, tvong duong —3t +24 = 0.
Suyra t = 8 (gidy). (Ménh dé Piing)

4

¢)Ta c6 quing duong 6 t6 di dugc trong 4 gidy dau la f (—3t + 24)dt =72 (m) va trong 4 gidy cudi la

0
8

f (—3t +24)it = 24 (m).
4
Suy ra quing duong di duoc trong 4 gidy cubi nho hon quing duong di duoc trong 4 gidy dau. (Ménh dé Sai)
8
d)Ta c6 tong quing dudng di duoc tinh tir lac bat dau dap phanh cho dén khi dirng han 1a f (—St + 24)dt .
0

Suy ra quing dudng 1a 96 (m). (Ménh d& Sai)

\ 2 2 2
Cau 3: [HTN] Trong khong gian v6i hé toa o Ozyz, cho mét cau (S) : (a: + 2) + (y — 1) + (z + 1) =9

r=14+1
va duong thang (d): y =1+t .Goi I latim clia mit cau (S’)
z2=—-1-2t

a)Tam ] cua mit cau (S’) cotoado la (2; —1;1).

b)Mat cdu (S) c6 ban kinh béng 3.

¢)Dudng thing (d) va mit cu (S) c6 ding hai giao diém la A(1;1,—1) va B(0;0;1).
d)Khoang cach tir diém I dén duong thang (d) 16mn hon 3.
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Loi giai tham khao

a)Ta c6 mit cau (S) c6 phuong trinh (x + 2)2 + (y — 1)2 + (z + 1)2 =9.

Suyratdm I codtoado la (—2; 1; —1) . (Ménh dé Sai)

b)Ta c6 phuong trinh mit cau (S’ ) O R*=9.

Suy ra ban kinh mit cau ld R = 3. (Ménh dé Piing)

¢)Ta c6 phuong trinh hoanh d§ giao diém cia (@) va (S) 1a (1 +¢ +2) + (1+¢ 1) +(-1 -2t +1) =9

Suyra ¢ = 0 hodc t = —1, twong Ung véi toa do hai giao diém la A(l; 1;—1) va B(O;O;l) . (Ménh dé Piing)
d)Ta c6 duong thang (d) cat mat cau (S ) tai hai diém phan biét.
Suy ra khoang cach tir tim I dén duong thang (d) phai nho hon ban kinh R = 3. (Ménh dé Sai)

CAiu 4: [HTN] Bé mit ciia mot tim gach trang tri 1a hinh chitnhat ABCD YA
véi AB = 3dm,AD = 6dm . Trén hinh chir nhat ABCD, mot duong

cong (C) néitr A dén C, dudng cong nay chia hinh chit nhat thanh hai D C

phan dé t6 hai mau khac nhau. Phan thi nhét (chira trung diém cua doan
AC') dugc t6 mau xanh da troi, phan tha hai dugc t6 mau xam. Phan thir
nhat c6 dién tich 16n hon phan thir hai. Biét rang duong cong (C ) la mot i

phan cuia dudng parabol (P) .Diém A 1a dinh cta parabol (P) va duong (C)
thang AD 1a tryc d6i xung cia (P) Chon hé toa d0 Oxy sao cho
A(0;0),B(3;0),D(0;6). o)
a)Voi hé toa do da chon thi diém C' c6 tung do béang 3.

h S
o)
RY

2

b)V6i hé toa @6 da chon thi parabol (P ) c6 phuong trinh 1a y = %x .

¢)Dién tich cua phan dugc t6 mau xam bang 6 (dmz) .
d)Dién tich cta phan duoc té mau xanh da troi gap doi dién tich cta phan duoc t6 mau xam.
Loi gidi tham khao
a)Ta c6 hinh chit nhat ABCD véi A(0;0), B(3;0), D(0;6).
Suy ra diém C' c6 toa 0 1a (3;6), tirc 1a tung do bing 6. (Ménh dé Sai)
b)Ta c6 parabol (P ) c6 dinh A (0; O) va nhan truc Oy 1am tryc d6i xing nén phuong trinh c6 dang y = az®
Ta c6 parabol di qua diém C (3; 6) nén thay toa do vao ta duoc a-3° = 6.
Suy ra phuong trinh parabol 1a y = %xQ. (Ménh dé Piing)

¢)Ta c6 dién tich phan t6 mau xam 1a phan gii han boi parabol (P) , truc hoanh Oz va duong thing = = 3

3
Suy ra dién tich phan mau xam la S = f %a;de =6 (dm®). (Ménh d Pung)
0

d)Ta co dién tich toan bo hinh chit nhat ABCD 1a S = 3-6 =18 (dm’).
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Ta c6 dién tich phan mau xanh da troi 1a S,=18—-6=12 (dm®).

Suy ra S, =25, tirc 1a dién tich phan t6 mau xanh da troi gip doi dién tich phan t6 mau xam. (Ménh dé
Dung)

PHAN III Céu tric nghiém tra 16i ngin.
Céu 1: [HTN] Cho hinh phéing () gii han béi céc duong y = —z,y = 42",z = —1,z = 3. Tinh dién
tich hinh phang (H ) .

Loi gidi tham khao

Ta c6 phuong trinh hoanh d¢ giao diém ciia cac dudng cong 1a 42° = —z = = = 0.

3
Ta c6 dién tich hinh phang can tim dugc xac dinh boi cong thic S = f dz® +z | dx.

-1

Suyra S = j—(4x3 +:z:)dm—|—](4:c3 +x>d:17 = 87.
-1 0

Cau 2: [HTN] Trong khong gian v&i hé toa d6 Oxyz , cho ba diém A (0; 0; —1) B (—2;1;—7),0 (—1;1; —1) .
Biét vecto 71 = (a;b;l) 1a mot vecto phap tuyén ciia mit phang (ABC ) . Tinh téng a® + b*.

Loi gidi tham khao
Ta co cac vecto ZI—S’) = (—2;1;—6) va ZE = (—1; 1;0).

Ta c6 mét vecto phap tuyén cia mat phang (ABC) lan' = [ZE, EB} = (6;6;—1).
Tacod 7 = (a;b;l) cung phuong véi 7’ nén 7 = (—6;—6;1).

Suyraa=—6,b=—6 vatong a’ +b’> =72.

Cau 3: [HTN] Cho hinh phang (H) gi6i han béi d6 thi ham s6 y = 2* — 42 va truc hoanh. Tinh thé tich

khdi tron xoay do hinh phang (H ) quay quanh truc hoanh tao nén. (lam tron két qua dén hang don vi)
Loi gidi tham khao

Ta c6 phuong trinh hoanh d¢ giao diém cua dd thi va truc hoanh 1a 2> —42 = 0= 2 = 0 hodc z = 4.

4
5 I 2
Ta c6 the tich khoi tron xoay dugc tinh theo cong thue V = 7rf (x2 — 4x> dxr = 51?” .

0

Suy ra thé tich lam tron dén hang don vi 1 107.

Céu 4: [HTN] Cho ham sé f (x) lién tuc trén R va thda man cac diéu kién

Tinh tich phan [ = f[2a: + f(x)]d:z:
1 Loi giai tham khao

KHI BO CUQC, HAY NGHI PEN Li DO BAT PAU

SUU TAM & BIEN SOAN
HOANG TRONG NGHIiA




cavmrnyevanonacao M [ f

MON TOAN 2026 ﬁ Thay Nghia - Luyén Thi Toan 10-11-12 (@] 0362546417 028

Ta c6 ]f(x)dxz]f( ]f dz .Suy ra ff 14.

Ta co tich phan [ = ]2xd:c + ff(m)d:z:
1 1

Suyra I =49.

Cau 5: [HTN] Trong khong gian vadi hé toa d6 Oxyz da dugc chon, cé hai con soc rat mudn dén véi nhau.
Con soc thir nhit di chuyén tu do trén mot canh cay la doan thang AB (khong di chuyén ra ngoai doan
thang AB). Con soc thir hai di chuyén tu do trén mot bo tuong la doan thang CD (khong di chuyén ra
ngoai doan thang CD ). Moi con séc dugc xem nhu mot chat diem. Khi con soc thir nhat & tai vi tri

S, (xl;yl; zl) (thudc doan thang AB) va con soc thir hai ¢ tai vi tri S, ($2;y2;z2) (thudc doan thang CD)

thi khoang céch giita hai con soc niy 1a nho nhat. Goi m va n la cac s6 nguyén duong thoa man
2 2 2 2 2 2 M Ae A LK o , 2 R
T, +T, +y ty, +2 2= - (phan s0 t61 gidn). Tinh tong m + n; bict rang

A(-12:1), B(3;-2-11),C (5,-3;3), D (10;2:8).
Loi gidi tham khéip

r=-1+4u
Ta c6 phuong trinh tham s6 ctia duong thing AB chira S lajy=2—-4u véiue [0;1] .
z=1—-12u
[2=5 + 5v
Ta c6 phuong trinh tham s6 ciia duong thang CD chira S, 1a yy = =3 4 5v véi v € [0;1].
2 =3+ 5v

2 2 2
Ta c6 binh phuong khoang cach SIS;" = (4u —bv — 6) + (—4u —5v + 5) + (—12u —bv — 2) .

A .7 - 5 A A A \ 5 \
Tac6 dé S5, dat gia tri nho nhat trén mién u,v € [0;1], ta tim dugc u = ﬂ vav=0.

Suy ra toa do S, —E H 4 2152(5;—3;3).
117117 11
_ 504
Taco::: +x +y1+y2+z +z 11

Suy ra phén s toi gian ¢6 m = 504, n =11 va tong m + n = 515.

Cau 6: [HTN] Cho céc bién c6 A va B théa man P(A)=0,8P(B|A)=0,3P(B|A)=0,6. Tinh
P (B ) (viét két qua duwdi dang sé thip phin)

Loi giai tham khao
Ta c6 goi A va B l1an luot 1a cac bién c6 d6i cua A va B, ta tinh duoc P(Z) =1- P(A) =0,2.
Tacd P(B|A)=1-P(B|A)=04.
Ta c6 theo cong thiic xac suét toan phan, P(B) = P( ) (B | A) + P( ) (B | A)
Suy ra P(B) =0,38.
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PHAN I: Trac nghiém nhiéu lya chon

M3i cau dang duge 0,25 diém.

0 Thay Nghia - Luyén Thi Toan 10-11-12 (@] 0362546417

PHAN II: Tric nghiém dung sai
Diém t6i da mdi cau 1a 1 diém.

Pung 1 ¥ duoc 0,1 diém; dung 2 ¥ duge 0,25 diém; dang 3 ¥ duoc 0,5 diém; ding 4 ¥ duoc 1 diém.

Madé Caul
03 a)S-b)P-¢)S-d)P | a)S-b)P-¢c)S-d)S | a)S-bP-c)P-d)S | a)S-b)P-c)P - d)P

PHAN III: Tric nghiém tra 161 ngin
Moi cau dung duogc 0,5 diem.

Cau 4

03 87 72 107

49

515 0,38
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A
BO PE BOQ PE THI GIUA HQC KY 2

|
I
1
B 1
THUC CHIEN | Mon: Toan 12 i
DE SO 04 | Thoi gian lam bai: 90 phut (khong tinh thoi gian giao dé)
I
1

PE BAI
PHAN I. Thi sinh tra 16i cAu héi tir cAu 1 dén cAu 12. Mdi cau héi thi sinh chi chon mdt phwong 4n

Cau 1: [HTN] Thé tich vat thé tron xoay khi quay hinh phing giéi han béi cac duong y = ve* —z ,
y=0, =1, x =2 xung quanh tryc Oz la

A. 71'(62—6—§ .
2

B.eZ—e—g. C.W(ez—e—g]. D. e —e—=.

Loi gidi
Chgn A

2 2
Thé tich vat thé tron xoay 1a V = Wf(\/e’” — 9:) dz = 7'('[62 —e —g .

1

CAu 2: [HTN] Cho ham b f (x) = —2° + 32° 4+ 2¢6 dd thi (0) nhu hinh v&. Tinh dién tich S ¢6 hinh
phing dugc t6 nhu trong hinh.

yl
O

s

0 1,
1 3\x

A. S =10. B.Szﬁ. C.S:ﬁ. D. S =13.
4 4
Loi gii

Chon B
Puong thang di qua diém (0; 0),(3;2) c6 phuong trinh la: y = %x .

3

39

3 4
:>S:f —x3+3x2+2—2x = —x—+x3+2x—lx2 =—.
| 3 4 3 4

0

r—1 -y 242

Céu 3: [HTN] Trong khéng gian Ozyz cho dudng thing d : 1 = Ty = 0 Véc to nao dudi day 1a
mot véc to chi phuong cua dudng thing d ?
Ao, = (2-1;3). B.u =(-42-6). C.ou =(-213). D. u, = (10;2).
Loi giai
Chgn C

Puong thang d c6 mot véc to chi phuong 1a u, = (—2; 1; 3) .
Cau 4: [HTN] Trong khong gian Ozyz, cho mit cau (S) co tam ](O;—2; 1) va ban kinh R = 5. Phuong
trinh cua (S ) la
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A
A2+ (y+2) + (-1 =25. B.o" +(y—2) +(z+1) =25.
C.a* +(y+2) +(z—1) =5. D.2* +(y—2) +(z+1) =5.
Loi giai
Chgn A
Mt cdu (S) c6 tam 7(0;~2;1) va bankinh R =5 nén (S):a” + (y +2) + (= 1) = 25.
Cau 5: [HTN] Nguyén ham ctia ham sé f(z) = =— L
X
A z+Inz+C. B.z—lnz+C. C.z+In|z|+C. D.z—In|z|+C.
Loi giai

Chon D
z—1 1
ff(w)drc—f - d:ﬂ—f[l—;]dx—x—ln\ﬂ—i—C’

1 3 3
Cau 6: [HTN] Cho ham s6 y = f(z) lién tuc trén R va thoa man fl f(z)dx = 26,]; f(z)dz =19. Gia

2 .
trj cua f f(z)dz bang
1
A. 45. B. —45. C. 7. D. 7.
Loi gidi
Chon D
2 3 3
f1 f(x)dz = j; f(z)dx — f2 flz)dr =26—-19="7

Cau 7: [HTN] Trong khong gian Ozyz, cho mit phang (P): 3z —y — z +2 = 0. Mdt vecto phap tuyén

cua (P) la

A. = (3;-1-1). B. 7= (3;1;1). C.n=(-1-12). D. 7 =(3;—12).
Loi gidi

Chon A

Mot vecto phap tuyén cia mit phang (P) 1a 7 = (3;—1;—1).
Cau 8: [HTN] Cho F(z) 1a mdt nguyén ham ciia ham s6 f(z) trén R thoa mian F(1) = —1,F(3) = 21.
3 .
Gid tri cia [ f(z)dz bing
A.22. B. 20. C. -21. D. 21.
Loi gidi
Chgn A
3
[ flayz = F@), = FE) - F(1) = 21— (1) = 22
Cau 9: [HTN] Hinh phang gii han boi d6 thi ham s6 y = 3", truc tung va cac duong thang y =1, z = 2

co dién tich 1a

A.S:j;2(3"—1)da:. B.S:flz(l—?)")da:. QS:LZ(?)’—l)dx. D.S:f;(l—g-’)dx.

Loi giai

3" — iz = foz(s-’ — 1)z

Chon C
2
V13f21,v3520nénszf
0
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y ________________J
r=—-14+2t
Cau 10: [HTN] Trong khong gian Ozyz, duong thang d: {y =3 —t  c6 mot vecto chi phuong 1a
=24+t
A u=(%-11). B. 7 = (—1;3;2). C.a=(—12%3). D.Z;:(—l;—l;l).

Loi giai
Chgn A
Tir phuong trinh tham s, ta thiy duong thang d c6 mot vecto chi phuong 1a @ = (2;—1;1).

z 2
Ciu 11: [HTN] Cho f(z),¢(z) la hai ham so lién tuc trén [—1;2] thoa man f 1[f(z) + g(x)] dr =24 va

2 2 .

f 1[2f(m) - 3g(z)} dz = 3.Khido f lg(:v)dx bang

A. —15. B. 15. C.0. D. —9.
Loi giai

Chon C

Taco ~2 [ [f(@)+ ()| + [ [2f(w) = 3g(@)]dr = ~5 [ () = ~2.24 4+ 3 = ~45.

2
Suy ra f 1g(:z:)al:c =9

Cau 12: [HTN] Trong khéng gian Ozyz, cho mit cau (S): 2> + 9 + 2° + 2z — 4y — 2z + 2 = 0. Mit
cau (S) c6 ban kinh bang
A.4. B. V2. C.2. D. 2.
Loi giai
Chgn C
Tacd: a=—-1Lb=2c=Ld=2néna*+b +c*—d= (-1 +2>+1"-2=4>0.

Do d6 (S) 1a mat cau c6 ban kinh R:\/a2 +b+c—d=2.

PHAN II. Ciu tric nghiém diing sai

2x+1 khiz <1

Cau 1: [HTN] Cho ham sb f(z) = b hizol
— T 17 .

a)ff(x)dz: =12+ 1+ C véi Vx € (—oc;1).

b)j:f(:c)dm = %

¢)Dién tich hinh phang gi6i han boi d6 thi ham s6 y = f(«), truc hoanh, hai dudng thang z = 2,7 = 3 bang

6.

d)Goi (D) 1a hinh phang gi6i han bai d6 thi ham sb y = f(z) va duong thang 2z — 4y + 1 = 0. Quay hinh

phing (D) quanh truc hoanh ta dugc khdi tron xoay cé thé tich V ~ 22 (két qua lam tron dén hang don vi).
Loi giai tham khao

Vc’ri:z:e(—oo;l):>f(:c)22:z:+1:>ff(z)dx:f(2x+1)d:z::$2+x+0.

Do d6 y a)dung

f;f(ﬂﬁ)dx = fol(zx +1)dx—|—j;2(4_x2)dx :1_31'
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Do d6 y b)ding i ) i
Dién tich hinh phang gidi han boi d6 thi ham s6 y = f(z), truc hoanh, hai duong thang z =2,z =3 1a

j;g[f(x)\dx:jj‘él—fdx:—

Do dé y c)sai i . ) ﬂ .
Goi (D) la hinh phang gigi han boi d6 thi ham s6 y = f(z) va duong thang 2z — 4y + 1 = 0 (phan gach

soc trén hinh v§).

YA
3...
LY. = B
o 182 x
=2x+1
Y ’ \y=4—x2
Trong d6 b = _1+T\/a 1a nghiém duong cua phuong trinh 4 — 2* = %x +i.

Quay hinh phang (D) quanh truc hoanh ta dugc khdi tron xoay c6 thé tich

2 2
V—7Tf2 le ]dx—i—ﬂj;b(élzz:?f[g—ki]]dx%ﬂ

T
—_ + —
2
Do dé y d)ding
Cau 2: [HTN] Trong khong gian Ozyz vdi don vi trén moi truc 1a 1 m, mdt flycam bay vai van toc c6 do

2z +1)* —

16n va huéng khong doi. Tai thoi diém ¢ = 0, flycam & vi tri A(1;2;3) va sau 10 phat n6 & vi tri
B(21;32;33).
a)Flycam khong bay qua vi tri D(5;8;9).
b)Vecto vén toc ciia flycam 1a ¥ = (20;30;30).
¢)Téc d6 (1am tron dén hang phan tram) cia flycam 1a 0,08m / s.
d)Sau 15 phut, vi tri cua flycam 1a C(31;47;48).
Loi giai tham khao
3
D(5:8:9)
A(1;2;3) 10 phut B(21:32; 33) C

a)Ta co AB — (20;30; 30)-@ — (4;6;6).
20 30 _30

Vi i E r AB AD cung phuong, suy ra 3 diém A, B, D thiang hang.
Do d6 flycam bay qua vi tri D(5;8;9).
Do dé y a)Sai

b)Vi flycam bay v&i huéng khong doi tir vi tri A(1;2;3) va sau 10 phut dén vi tri B(21;32;33) nén AB =103

. AB
,suyra v = — = (2;3;3).
y o~ &33)
Do dé y b)sai
¢)Do 161 ctia van the flycam 13 | 7 |= /22 + 32 + 3% = ~22(m / phat ) ~ 0,08(m / s).
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y ________________J
Do d6 y c)ding
d)Tai thoi diém ¢ = 0, flycam & vi tri A va sau 15 phat flycam ¢ vi tri C (:vc; Yo ; zc>.
- z, =31
Tacd AC =150 < (z, — Ly, — 22, —3) = 15(23;3) & |y, = 47
z, =48

Vay C(31;47;48).
Do dé y d)ding
Cau 3: [HTN] Cho ham s6 y = f(z) = az® + bz’ + cz + d c6 dd thi nhu hinh bén:

a)Ham s6 y = f(z) + 100 c6 gia tri nho nhat trén doan [ —2;1] 13 101,
b)a+b+c+d=5. ‘ ’ ,
¢)Phuong trinh tiép tuyén cua d6 thi ham so tai diem M(1;5) 1a y = 9z — 4.
d)Goi S,,S, 1an luot la di¢n tich cta hinh (H, ),(H,). Khi dé S, = S,.
. ) Loi gidi tham khao

a)Dya vao d6 thi ham s6 y = f(z) taco
min,_, flz)y=1= min[iz;l][f(av) +100] = min_, f(z)+100 =101
Do d6 y a)dung i
b)Do do6 thi ham s6 di qua diém N(0;1) néntaco d = 1.
Tacé y = 3az’ +2bx + c. Him sd y = f(z) cocuctritai 2 =0 nén ¢ = 0.
Lai c6 d thi ham s ddi qua diém M (—2;5) vahamsé y = f(z) c6 cuc tritai z = —2 (suyra y'(—2) =0
) nén ta co:

—8a+4b—2c+d=5 —8a+4b=14 a=1

= =
12a —4b+c¢=0 120 —4b =0 b=3

Viya+b+c+d=>5.

Do do6 y b)ding

¢)Xéthamsd y = 2° +32° +1 c6 y = 32" + 62 = y' (1) = 9.

Vay phuong trinh tiép tuyén ciia d6 thi ham s6 tai diém M(1;5) 1a duong thang d :y = 9(z — 1) + 5 hay
d:y=9x—4.

Do d6 y c)ding

d)(Hl) 1a hinh phang gi6i han boi do thi ham sé y = f(z) va duong thang y = 5.

suyra 5, = [ 5 (o +30° + Uir =21

(H 2) 1a hinh phang gi6i han boi d6 thi ham sé y = f(z), truc Oz va hai duong thang z = —2,2 = 1.
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1
Suyra S, :£2‘x3 + 32 —|—1‘d:c :§.V€1y S, <85,.

Do d6 y d)sai )
Cau 4: [HTN] Mot thap trung tdm kiém soat khong luu ¢ sén bay cao 100 m str dung ra da ¢6 pham vi theo
doi 600 km duogc dat trén dinh thap. Chon hé truc toa d§ Oxyz cd goc trung vdi vi tri chan thap, mat phang

(Oa:y) tring voi miat dat sao cho truc Oz hudng vé phia tay, truc Oy huéng vé phia nam, truc Oz huéng

thang dmg 1én phia trén (Hinh bén) (don vi do dai trén mdi truc 1a kilomét).

z

Mot may bay tai vi tri F* cach mat dat 12 km, cach 400 km vé phia tdy va 300 km vé phia bac so vé6i thap
trung tAm kiém soat khong luu. T vi tri F', may bay bay véi toc 40 900km / h, theo hudng cla vecto
a (3; 4; 0) sau mot gio dén vi tri A.

a)Toa d6 cua ra da dit trén thap (0; 0;0, 1) .

b)Vi tri F' nam trong pham vi kiém soat cua ra da.

Q)Vitri A 6 toa do A(940; 420;12).

d)Trong khoang thoi gian mot gio may bay bay tir vi tri F' dén vi tri A, may bay c6 khong qua 21 phit bay
trong pham vi theo ddi cua cua ra da.
. Loi giai tham khao
a)Vi tri dat ra da nam trén truc Oz va cach goc O mét khoang 100m = 0,1km . Do dé y a)dung
b)Tir gia thiét ta c6 F (400; —300;12)

Goi H 1a hinh chiéu ciia F trén truc Oz, tacé H (0;0;12). Khi d6 FH = \/(—400)2 + 300> = 500 < 600
Do do6 y b)ding
¢)Tu vi tri F', mdy bay bay theo hudng cua vecto 6(3; 4;0) toi A= FA=ka,k>0. Tu do.

FA= (3k;4k;0> = FA =5k = 900 hayk = 180. Vay A(940;420;12). Do dé y c)sai

d)Gia sir may bay bay tir vi tri F dén vitri B, v6i B 1a vi tri cudi cing dé may bay vin nam trong pham vi
theo doi cua ra dA.

Tacéd FB = md,m >0 = B(sm + 400; 4m — 300;12). Goi H 14 hinh chiéu ciia B trén truc Oz.

Khi d6 BH = 600 < m = 207/11. Do d6 FB = 100v11 hay thoi gian bay tir vi tri F dén vi tri B 1

100v11

900
Do do y d)sai

.60 = 22,11 (phut).

PHAN III Céu tric nghiém tra 10i ngin

Ciu 1: [HTN] B ngang mdt qua dua héu, ta dugc thiét dién 1a hinh elip ¢o truc 16n 28 cm, truc nhé 20
cm. Biét rang wdc tinh cir 500cm® dua hau s& 1am duge mot cc sinh t6 gia 20000 dong. Tir qua dua hau
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trén c6 thé thu duoc 2 (don vi: nghin dong) tir viéc ban sinh t4. Tinh gi tri ciia  (1am tron dén hang don

vi ctia nghin ddng). Gia sir bé day vo dwa khong dang ké.
Ny
4

>
>
X

Loi giai tham khao

Tra loi: 220

Duong elip co:

- Tryc 16n bang 28¢m = 204 = 28 = a = 14;
- Truc nho bang 20c¢m = 2b =20 = b = 10.

2 2 2 2
X

- \ o T Y 2 2 z
Khi d6, phwong trinhelipla —+ >—=1=¢y" =10"-|1—-—| < y=+10-,/]1 — —
penE PRE e / [ 142] / 4?
Thé tich cuia qua dua hau bang thé tich khdi tron xoay thu dugc khi quay hinh phang gi6i han boi phan nira
trén truc tung cua elip qua Oz .

2
5 ; 14 2 14 2
Do do, thé tich ciia qua dua hiu la V = = f . {101 = 1%] dz = 1007 f . [1 - 1%]@ = 562% (em?)

Ma 56207T . 510 ~ 11,7 vi s6 cbec nude cho nén ko dugce 14y s6 1é, do d6 ta chon 11

Vay s6 tién ban nude 1a 220000 (nghin déng)

CAu 2: [HTN] Dé chuén bi cho ngay hoi thao, nguoi ta dung bon chiée cot tai bén goc ciia mdt sén bong
hinh chit nhat véi kich thude 16m x 27m . Bén chiéc cot vuong goc voi mat san va cod chiéu cao lan luot 1a
3m,4m,6m va 5 m (hinh bén).

?; 27 m

Mot tim bat 16n duoc cang voi bon goc ¢6 dinh vao dau cta bdn chiée cot. Chiée cot thir nam duoc dung
vuong goc voi mat san tai diém céch hai canh ké cua san 1an lugt 12 12 m va 16 m (xem hinh). Héi chiéu cao
ti da cua chiéc cot d6 1a bao nhiéu mét dé cot khong bi vudng vao tam bat (bo qua do vong va bé day cia
tam bat)? Két qua viét dudi dang s thap phan va lam tron dén hang phan muoi.
Loi giai tham khao

Chon hé tryc toa d0 nhu trong hinh v€ cua dé bai. Goi M 1a vi tri cta chan cot thi ndm thi M (12;16;0) . Gia
str ¢dt thir ndm dat chiéu cao tdi da theo gia thiét. Goi N 1a diu con lai cta cot tha ndm khi do. Suy ra MN
vudng goc voi mit phang (Oxy) va N thudc mit phang cang boi tim bat.

Vi MN L (Ozy) nén MN cing phuong véi k = (0;0;1), suy ra toa do cua N c6 dang (12;16;¢).
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Mit phing cing béi tim bat di qua ba diém (0;0;3),(16;0;4) va (0;27;5) nén c6 phuong trinh 13
277 + 32y — 4322 + 1296 = 0. Bé N thudc mit phang do thi 27.12 + 32.16 — 432t + 1296 = 0, suy ra
,_ 58

108 ) )
Viy chi€u cao toi da cua chieéc c)t thir ndm 1a 4,9 mét. ‘ . i )
Cau 3: [HTN] Hinh bén minh hoa mot con dao véi phan ludi dao dugc cho boi mot phan cua do thi ham so
y =4z — 2*(z,y do bang centimét), phan sdng dao AB nim trén tiép tuyén cua do thi noi trén tai diém

4,9.

A(2;0) va B la giao diém cua tiép tuyén voi dd thi. Tinh dién tich ctia bé mit dao theo centimét vudng.
Két qua lam tron dén hang don vi.
YA

A
0 2\

Loi giai tham khao

—>
X

Tra loi: 108.

Ta c6 y =4—3z°, suy ra y(2)=—8. Phuong trinh tiép tuyén tai A cta d6 thi ham sb la
y—0=—8(z—2),hay y = -8z +16.

Hoanh d ctia B la nghiém (d4m) cta phuong trinh 47 — 2° = —8x + 16 hay (z —2)’(z +4) = 0. Do d6
B(—4;48).

Dién tich ctia bé mit dao bang fi‘(—&r +16) — (4:17 - x3)}dx =108 (mQ)

Cau 4: [HTN] Trong khong gian Ozyz , dai kiém soat khong luu san bay ¢ toa dd O(0;0;0), don vi trén
mdi tryc tinh theo kilomét. Mot may bay chuyén dong huong vé dai }(iém soat khong luu, bay qua hai vi tri
A(—500;—250;150), B(—200;—200;100) . Khi may bay ¢ gan dai kiém soat nhat, toa do cua vi tri may bay
1a (a;b;c). Gia tri cta biéu thirc —3a — b — ¢ 1a bao nhiéu (1am tron két qua dén hang don vi)?

Loi giai tham khao

Tra loi: -11.
Vecto AB = (300;50; —50) nén 4 = (6;1;—1) 1a mot vecto chi phuong ctia duong thang AB .
r+500 y+250 2-—150

r 2 2 1 _1 . 4 r
Goi H la hinh chi€u cua di€m O trén duong thang AB thi OH la khoang cach ngan nhat gilta may bay va
dai kiém soat.
Khi do, H(6t — 500;t — 250;—t + 150).

Phuong trinh duong thang AB la:

3400
38

Taco: OH - = (6t — 500)-6 + £ — 250 + (—t + 150).(—1) = 0 & ¢

700 —3025 1150
19 '

Suy ra toa d¢ cua vi tri may bay khi do la ; ;
19 19

Vay —3a —b—c=—11.
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Cau 5: [HTN] Mot cong c6 dang hinh parabol v6i chiéu cao 8m . chiéu rong chan dé 8m (Hinh). Ngudi
ta cang hai sgi day trang tri AB,CD nam ngang, dong thoi chia cong thanh ba phan sao cho hai phan &

phia trén c6 dién tich bang nhau. Ti sb j—g bang bao nhiéu (1am tron két qua dén hang phan tram)?

8 m

ﬂ'xﬁ&
vl‘/b

8m
Loi giai tham khao
Tra loi: 1,26.
Gan hé tryc toa @ Ozy vao cong parabol nhu hinh bén véi truc Oy tring v6i dudong ddi xing cua parabol,
géc O nam ¢ dinh cuia parabol, don vi trén mdi tryc tinh theo mét. Khi d6, phwong trinh parabol c6 dang
y = azr’.

Vi parabol di qua diém c6 toa d6 (—4;—8) nén a = —%. Suy ra phuong trinh parabol 1a y = —%xZ .
Giasu B cohoanh dd z,D c6 hoanh d6 z,. Khi do, phuong trinh dudng thang AB la y = —%:Ef , phuong

trinh duong thang CD 1a y = —%xQ

o

Dién tich hinh phang gi6i han boi parabol va duong thang AB la:

X

N 1L, e e 2,
51—2[ —Ex - _Exl de =2 —E—k?x —gxl(m )

0
Dién tich hinh phiang gi¢i han boi parabol va duong thang CD la:

3 2 :

! 1 o @ 2
S,=2[|-=a" —|—=z |do =2|-—+Zz|| ==z (m’)
L[ 2 2 6 2 3 ( )

0

‘ X

Theo gid thiét, ta cé: S, = 25, « 27 = 22° & = =2 ~ 1,26
i
1

2
Khi do, 2 = =2 1,96
AB 2z

1

Céu 6: [HTN] C6 hai hop but, hop thir nhat dung 5 chiéc but do va 4 chiéc bat xanh, hop tha hai dung 4
chiéc but d6 va 6 chiéc bt xanh, tat ca nhiig chiéc but déu c6 cung hinh dang, kich thudc va khdi luong.
Lay ngau nhién mot chiéc but tir hop thir nhat chuyén sang hop thir hai, sau d6 lay ngau nhién mét chiéc but
tlr hop thir hai. Tinh xac suat dé chiéc but ldy ra tir hop thir hai 1a chiéc bat chuyén tir hop thir nhét sang,
biét rang chiéc but d6 c6 mau xanh.

Loi giai tham khao
Tra loi: 0,07.
Goi A 1a bién cb "Chiéc but 1ay tir hop thi hai 1a chiéc but chuyén tir hop thi nhat sang". Goi B 1a bién ¢b
"Chiéc but lay tir hop thir hai c6 mau xanh".
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Tacan tinh P(A|B) = %

Chua ¥ rang AN B 1a bién ¢6 "Chiéc but 1iy tir hop thi hai c6 mau xanh va duogc chuyén tir hop thir nhét

1 ’ A R s A , R <\ A J A r \ \ 4 \ Je A A < A , r
sang". Vi xac suat dé chiéc but chuyen tir hop thir nhat sang c6 mau xanh la 3 va xac suat de chicc but do
4 1 4
9 11 99
bé tinh P(B) ta 1ap ludn nhu sau: néu chiéc but duge chuyén tir hop thir nhat sang c6 mau xanh (véi xac suat

2 r 4 . ]-
dugc chon (trong tong s6 11 chiéc bat & hop thi hai) 1a 1 nén P(ANB) =

\ 4 \ . , , A A A /. <\ A /. . 7 \ \ 7 A R ,
la 5) thi khi d6 xac suat d€ chiéc but dugc chon tir hdp thir hai c6 mau xanh la E; néu chiéc but duogc

A \ A /. A 4 \ I3 7, 4 A \ 5 1 . ) I3 A A + A /. \ A
chuyén tir hop thur nhat sang c6 mau do (voi xac suat la 5) thi khi d6 xac suat dé chiec but dugc chon tir hop

v
11

4+ 2.8 58 ay pa By = 258 o7,
9 99 " 99

thir hai c6 mau xanh 1a E; suyra P(B) = 4
11 9 11 99
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‘ BANG PAP AN DE 04 ON GK 2 TOAN 12
PHAN I: Trac nghiém nhiéu lya chon

M3i cau dang duge 0,25 diém.

0 Thay Nghia - Luyén Thi Toan 10-11-12 (@] 0362546417

PHAN II: Tric nghiém dung sai
Diém t6i da mdi cau 1a 1 diém.

Pung 1 ¥ duoc 0,1 diém; dung 2 ¥ duge 0,25 diém; dang 3 ¥ duoc 0,5 diém; ding 4 ¥ duoc 1 diém.

Madé Caul
03 a)P-b)P-c)S-d)P | a)S-b)S-c)P-d)P | a)P-b)P-c)P -d)S | a)P-b)P - ¢)S - d)S

PHAN III: Tric nghiém tra 161 ngin
Moi cau dung duogc 0,5 diem.

03 220 4,9 108

-11

1,26 0,07
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A
!
by ! ~ ES ~ b
BO PE : BOQ DE THI GIUA HQC KY 2
THUC CHIEN | Mon: Toan 12 i
DE SO 05 | Thoi gian lam bai: 90 phut (khong tinh thoi gian giao dé)
I
1

PE BAI
PHAN I. Thi sinh tra 16i cAu héi tir cAu 1 dén cAu 12. Mdi cau héi thi sinh chi chon mdt phwong 4n

’ 3
Cau 1: [HTN] Cho ham sé f(z) lién tuc trén R thoa man f @) =2 va f f(z)z = 7.Khi d6
0 0

3 .
f1 f(z)dz bang
A. —9. B. 9. C. —5. D. 5.
Loi giai
Chon D

3 0 3
Tacé:ff(x)dm:ff(x)d:c—kff(m)da:z—?—f—?zii

1 1 0
Cau 2: [HTN] Trong khong gian Ozyz,cho mit phang (P) di qua diém A(1;0;—2) va c6 mot vecto phap
tuyén 7 = (1;—1;2). Phuong trinh mat phang (P) la

A.z—y—2243=0.. B.z—y+22-3=0..

C.z—y+2:243=0.. D.z+y+22+3=0..
Loi giai

Chon C

Mit phang (P) di qua diém A(1;0;—2) va c6 mot vecto phap tuyén 7 = (1;—1;2).

= Phuong trinh mit phing (P) 1a: 1(z — 1) = 1(y = 0) +2(2 +2) =0 2 —y+2:+3 =0

Cau 3: [HTN] Trong khong gian Ozyz, cho hai diém M(—1;—1;2) va N(1;3;4). Duong thang MN c6
phuong trinh chinh tac la

r—1 y—-1 2+2 r+1 y+3 z+4

A. . B.
2 2 1 2 4 2
C.x—lzy—1:z+2” D.x+1:y+1:z—2.
2 4 2 -1 2 1
Loi giai
Chon D

Puong thang MN di qua diém M (—1;—1;2) va nhan W = (2; 4;2) lam vecto chi phuong

= Phuong trinh chinh tic cta duong thing MN la: zrl _ ¥t 1 S 2

2 1
Cau 4: [HTN] Trong khong gian Oxyz, hinh chiéu vuong goc ciia diém M(—2;3;4) 1én truc Oy la diém
nao?
A. M (-2;0;0).. B. M,(0;3;0).. C. M,(0;0;4).. D. M, (—2;0;4)..
Loi gidi
Chon B

Hinh chiéu vudng goc cua diém M(—2;3;4) 1én truc Oyla diem M, (0;3;0).
Cau 5: [HTN] Cho ham s6 y = f(z) lién tuc trén doan [a; b]. Dién tich hinh phang gi6i han boi d6 thi ham

s y = f(z), truc Oz va cac dudng thing z =a, z = bla
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. C. ﬂf[f(x)rdx. D. [ f(z)dz.

Loi gidi

A?‘f(a:)‘dx B.

jf(x)dx

Chgn A
Ta c6 dién tich hinh phang giéi han boi d6 thi ham s6 y = f(z),truc Oz va cac duong thang z =a, = = b

b
1a f‘f(x)‘dx.
Cau 6: [HTN] Trong khong gian v6i hé truc toa d0 Ozyz , cho mat phéng (P) :3x — 2+ 2 =0. Vecto nao
dudi day 1a mot vecto phap tuyén ctia mit phing (P) ?
Ao n = (3,0:2). B. n = (3;-10). C. n=(3-12). D. n = (3;0,-1).

Loi giai

Chon D
Vecto phap tuyén cua mit phing (P) la ; = (3; 0; —1) .

Cau 7: [HTN] Néu ] f(w)de =4 thi j’E f(z)—2|dz bing
A. 4. 0 B. 6. 0 C.0. D. —2
Loi giai

Chon D
rl

e

0 —f(x)—Z

dx:]‘lf(m)dx—]2dx:£4—4:—2
I3 0 5 .

Cau 8: [HTN] Cho ham 6 y = f(z) = 22” + 1. Goi (H ) 1 hinh phang gi6i han boi dd thi ham s6
y=f (a;), tryc hoanh va hai duong thing =z = a, © = b (a < b). Thé tich cua khdi tron xoay tao thanh khi

quay hinh phang (H ) quanh truc Oz dugc tinh theo cong thuc:

A. 7’['} (23:2 + 1)da:. B. ﬂ] (23:2 + 1)2dx. C. ](211:2 + 1)2dx . D. }(21}:2 + 1>dx.
: u Loi giz”:i :
Chon B
Cau 9: [HTN] Trong khong gian vai hé truc toa d6 Ozyz, cho ba diém A(2; 1 3) , B (1; 0; 1) , C (— 1; 1;2) .

Phuong trinh nao dudi day 1a phwong trinh chinh tic ctua duong thing di qua A va song song véi dudng
thing BC

T =2
A {y=—-1+1t. B.z—-2y+2=0.
z=3+1
gx—QZy—lzz—?)' D.x—lzg:z—l'
-2 1 1 -2 1 1
Loi giai
Chon C

Goi duong thang can tim 13 A.
Vi A//BC nén mét vecto chi phuong ciaAla ¢ = BC = (—2;1;1)
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y ________________J
Vay phuong trinh chinh tac ciia duong thang A di qua A c6 vecto chi phuong @ = (—2; 1; 1) la
r—2 y—1 2-3
-2 1 1
Cau 10: [HTN] Xét hinh phﬁng (H ) gi61 han béi dd thi ham sb y = 2° — 4z + 4, truc tung, truc hoanh va

duong thang x = 3. Tinh thé tich khdi tron xoay khi quay hinh (H ) quanh truc Oz .
33 337

A. 33. B. — C. —. D. 337.
5 5
Loi giai
Chon C
z=3
Oy:z=0 . y
Taco Oi =0 nén thé tich tron xoay la: V = Wf(])z —4:1:+4) dz = 337T

0

y=2"—4z +4

2

Céu 11: [HTN] Cho f [ f(z)- 3x2]dx = 4. Tich phan j" f(z)dz bing

A. 8. B. —4. 0 C. 12. 0D.4.
Loi giai

Chon C

2 2

f[f( )—3x2]d :4<:>ff( dx—sf 22z = 4

@]f dz —2°| = ]‘ dx—8—4<:>ff 12.

0 0

Cau 12: [HTN] Trong khéng gian Ozyz, diém nao dudi day thudc mit phing (P):Zx—y+z—5:0 ?

A.M(l;—1;o). &N(l;—l;Z). C.P(1;—1;4). D.Q(1;—1;3).
Loi giai

Chon B

Thay toa do diém N(l;—1;2) vao phuong trinh mit phang (P) ta dugc: 2.1 — 1(—1) + 2 — 5 = 0(dtng).

Véy diém N thudc mit phing (P) .
PHAN II. Céu tric nghiém diing sai

Céu 1: [HTN] Gia st loi nhuan bién (tinh bang triéu d6ng) ctia mot san pham dwoc md hinh héa bang cong
thirc
P’(m) = —0,0008z +10,4. O day P(x) 1a loi nhuan (tinh bing triéu ddng) khi ban duge z don vi san
pham. o i
Q)qu nhuan khi 7bé1n duoc 50 san pham dau ’tién la 519 tri€u dong. i .
b)Biét su thay do6i cua lgi nhuén khi doanh s tang tir 50 1én @ don vi san pham 16n hon 517 tri€u dong, khi
do6 gid tri nho nhat cua a 1a 100.
¢)Loi nhuan khi ban dugc = don vi san phim duoec tinh bing cong thitc P(z) = —0,00082” + 10,4z .
d)Su thay d6i cua 1gi nhuan khi doanh sb tang tu 50 1én 55 don vi san phém la 51,79 triéu déng.

Loi giai tham khao
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50 50
a)Ta c6 loi nhuén khi ban dugc 50 san phim dau tién 1a f P'(z)dz = f (~0,0008z + 10,4) dz = 519 (trigu

ddng)
Chon biing.

b)Ta goi loi nhuén khi doanh sé ting tir 50 1én o don vi san pham & P (a)

— jP’(w)dw :j(—o, 0008z + 10,4)dz = = _Y 02008 2 110,4z 0
— L 241040510,
2500

Taco P(a) > 517 & — 25100 a® +10,4a — 1036 > 0 < 100 < a < 25900

Chon Sai. i
c)Loi nhudn khi ban dugc = don vi san pham dugc tinh
)= [P'(z)ds = 00;)08 7> +10,4z +C

Chon 7 = 0 thi P(O):O nén taco C =0

Viy loi nhuan khi ban dugc = don vi san phém duoc tinh b'fmg cong thtc

P(:L") _ ~0,0008 2
2

Chon Sai.

+ 10,4z

55 55
d)Ta c6 f P'(z)dz = f (—0,0008z +10,4) dz = 51,79 nén sy thay dbi ciia loi nhuan khi doanh s0 tang tir
50 50
50 1én 55 don vi san pham 1a 51,79 triéu dong.
Chon biing. .
Cau 2: [HTN] M0t tia sang truyén tir khong khi vao mot vat
liéu ché tao thanh khoi lang kinh hinh hdp chit nhat. Tia sang

dugc phat theo hudng u (—2; —3; —6)t1‘1 ngudn sang tai diém &
P(2,2,4). Khéi lang kinh dugc dat sao cho tia sang di qua g.Q
lang kinh, nhéan tai diém Q va 16 ra tai diém R, r6i dugce thu .l

boi mot cam bién tai diém S(—5,—6,—7). Y
Goc nhon gitta PQ va phap tuyén ciia mat trén ling kinh tai .
Q 1a 6, va géc nhon gitta QR va cing mot phap tuyén do 1a '
G (xem hinh bén). \ .
Cho biét mit trén cua lang kinh 1a mot phan cua mat phing \
z+y+2z=1 va day cua lang kinh la mot phan cua mat

phing z +y + 2z = —9

Ngoai ra, tia sang trén doan P song song vdi tia sang trén
doan RS, va bon diém P,Q, R, S nam trong cing mot mit phang.

5V170
R =
2)Q T

b) cos < cosf3.
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A
NP s 10V3
¢)D§ day cua lang kinh do theo phuong phap tuyén tai ) bang 3

d)Dinh luat khuc xa (Snell) cho biét sinf = ksin 8 trong d6 £ la héng sb khtc xa cua vat liéu. T do suy
\170
7

Loi giai tham khao

ra hang so khuc xa cua vat li¢u lam lang kinh nay la

a)Pung. Timtoa do () va R

rT=2-2t
Do Eé//;,ta ¢ phuong trinh tham sé duong thing PQ : {y = 2 — 3t, (t € R):
z=4—-6t

Vi Q thudc mit phang 2 +y + 2z =1, nén (2—2t)+(2—3t)+(4—6t):1:>8—11t:1:>t:1—71.

8 1 2
Suyra ) =|—,—,—|-
yra @ [11 11 11]
rT=-—-5—2r
Tuong tu, vi RS / /PQ, ta viét phuong trinh tham s6 RS : {y = —6 — 3r, (7" € R)
z=—T7—0r
ViR thudc mat phéng T+y+z2=-9, nén

(—5—2r)+(—6—37")+(—7—67“):—9:>—18—117“:—9:>7":—%.

Suyra R = —ﬂ,—g,—ﬁ.
11" 11 11
5v170
Suyra QR =
yra @ ™

b)Sai. Tinh cosf va cos 3
- Phép tuyén mat trén lang kinh: n= (1,1,1).
- Hudng tia tdi: w= (—2,—3,-6).

- Hudng tia trong lang kinh: = (9,8,5)
Do cac goc 6,5 1a goc nhon, ta Iy gia trj tuyét d6i trong tich vo hudng:

ﬁ-ﬁ‘ e i
cosf= L _1CDHE)HEO]_ 1L o || 94845 22
NS J3 3 t,n‘ Jo' +8 4543 510

¢)Ping. Do day cua ling kinh theo phuong phap tuyén
Khoang cach giita hai mat phang mir+y+z=1 mir+y+z=-9

2
1-(=9)] 10 103
P +1° 417
d)H¢é s6 khiic xa k&
Theo dinh luét Snell: sinf = ksin 3.

Lad=
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121 26 484 26
Tacod sind =Vl —cos’f =,[1 —-— = "=, sinf=,]l-— = ——
147 73 510 /510

V26

sing 73 _ 510 _ 170
sinf 26 73T
510

Cau 3: [HTN] Céc k¥ su dién dang tién hanh lap dit cap dién tai mot cong truong xay dung. Toa do cac
diém (z;%;2) duogc xac dinh twong ddi so voi tram chuyén mach chinh dat tai goc toa do (0;0;0), don vi 1a
mét. Cac doan cap dugc lap dat theo cac duong thang va coi nhu khong cé bé rong.

Mot doan cap da co san, ky hi¢u la C', bat dau tir tram chuyén mach chinh va c6 véc-to chi phuong la:

Vay k =

u(3:5,-2)

Mot doan cap méi dugc lap dat, di qua hai diém: P(1;2;—1); Q(5;7;a) ' e
r =23t : ":‘

a)C:{y =t ,(t €R) la phuong trinh duong thing chira C |E‘
z=—2t [V

b)Khi a = —? thi duong cap méi duge lap dat, s& giao nhau véi C

¢)Dé dam bao hai doan cap khong giao nhau, cac k¥ su di chon a = —3

Gio day, ho mubn ndi mdi diém P va Q véi mot diém R nam trén C .
Céc k¥ su mudn giam do dai cap can thiét va cho rang dé lam duoc dicu
d6 thi goc PRQ = 90 .

d)Cac ky su phét hi¢n khu vuc gitta P va R co dia hinh rat khQ thi cong. )
Do dc'),, ho quyét ‘dinh giam d9 dai doan PR xudng muc nhd nhat, khi d6 do dai PR 1a 1,58m (lam tron két
qua dén hang phan tram)

Loi gidi tham khao

=31
a)Diing. Puong cap hién co 1a duong thang: {y =t ,(t € R)
z=—=2t
r=1+4s
b)Sai. Puong cap méi 1a duong thang: {y = 2 + 5s (s € R)

z=—14+(a+1)s

Hai duong cap giao nhau khi va chi khi ton tai mot cip sb thuc (t,;8,) thoa man hé phuong trinh:

3
PR 4
3t=1+44s 11
t=2+5s . Giai hé ta duge: |s, = —1_51
a=-——
5
2

Vay hai duong cap giao nhau khi va chi khi ¢ = — el
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A

¢)Sai. Goi R 1a mot diém trén dudng cap hién tai, tic 1a: R = (3t;¢;—2t)

Goc PRQ = 90" khi va chi khi: PR | QR = PR-QR = 0

Tinh cac véc-to:

PR = (3t — Lt — 2,2t + 1)

QR = (3t — 51 — 7;—2t + 3)

Tinh tich vo huéng: PR- QR = (3t — 1)(3t — 5) + (t — 2)(t — 7) + (—2t + 1)(—2t + 3)

=9t" — 15t — 3t +5+t> — Tt —2t + 14 + 4> — 6t — 2t + 3 = 14¢> — 35t + 22

Xét biéu thie f(t) = 14t> — 35t +22 > 0,(t € R)

—

Do d6 khong thé ton tai diém R sao cho PRQ = 90’
d)Ping. Tim diém R trén duong cap sao cho doan PR ngan nhat

Goi: R = (3t;t;—21) = PR = (3t — it — 2,—2¢ +1)

bo dai:
| PRI= (3t =17 +(t — 2 + (—2t + 17 =9 — 6t + 1+ — dt + 4+ 4¢> — 4t +1 = 146> — 14t + 6
Ham dat gia tri nho nhat tai: t:ﬂ:lﬁR: ?>-l;l;—2-l = (1,5;0,5;,—1)

2-14 2 2°2 2

2
Do dai nho nhat: | PR |= \/14[%] - 14-%—#6 =+/3,5-7T+6 =+2,5
Toa d6 diém R: (1,5;0,5;—1)
D6 dai nho nhat: /2,5
Céu 4: [HTN] Mot binh nhién liéu trén canh may bay phan luc duoc moé hinh héa bang cach quay hinh
phang gi¢i han boi dd thi ham s6 y = f(z) = %ﬁ V2 —az (a € R) va trye Oz quanh truc hoanh, trong do

z va y dugc do bang mét (xem hinh v&). Biét rang chiéc may bay d6 c6 4 binh chira nhién li¢u nhur nhau
va duoc d6 day trudc khi bay. Gia st toc do tiéu hao nhién liéu trén may bay duoc mé phong bang ham sb
I (t) = =3t 4120t + 2000 lit/gior ( ¢ tinh theo gioy, 0 < < 6).

V4

Binh nhién liéu

y=1(x)

S 4

a)Giatri a = 2.
3 ~ 2
b)Thé tich cua nhién li€u (lit) trén moi canh may bay duogc xac dinh béi cong thuc V = 7 f ; f? (x) dz

¢)May bay d6 c6 thé chira t6i da 9650 lit nhién liéu (lam tron dén hang don vi).

d)May bay d6 tiéu hao hét 90% ning lugng sau 3,91 gio (1am tron dén hang phan tram).
Loi gidi tham khao

a)Sai.

Tacé:y(2):0®§-22\/2—a.220® 2-a2=0&2-20=0&a=1.
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f(z) = 2a*2— 2 (m)

b)Sai.

Thé tich cua nhién liéu trén mdi binh nhién liéu dugc xac dinh boi cong thie V = 7 f f’ dx ( )

c)Qung. ) .
Thé tich ctia nhién li€u trén moi binh nhién li€u bang:
_ _ 13 96T
V, = 7rf f (:E)d:c = Wfo[gfﬁ \/2—x]drc —E(m )
Thé tich cua 4 binh nhién liéu bang:
v, =427 _ %(mﬂ’) = 30727 (1) ~ 9650,9() nhung vi tinh lam tron hang don vi, néu ta lam tron thi
125 125 i )
s€ 1a 9651 lit, voi so nay thi vugt qua binh c6 thé chira, cho nén chi chtra 9650 lit t6i da (Iam tron hang don

vi)
d)Dung.
Téc do tiéu hao nhién li¢u trén may bay dugc mo phong bang ham sé h' (t) = —3t* + 120t + 2000 lit/gio.
V., =09V, = 0,9.30721 = 13824 7(1).
Goi m la thoi gian may bay d6 s& tiéu hao hét 90 niang lugng, khi do: fmh, ( t) gt = 138247
0
= fo (3¢ + 120t + 2000}t = 82T 54602 + 20001 = 13824
S

t~ 82,87(1)

138247 ||t = 3,91 & ta 3,91
= .

t ~ —26,78(1)

0<t<6

< —m® 4+ 60m* +2000m =

Vay may bay do s€ ti€u hao hét 90 nang luorng sau 3,91 gio bay.
PHAN III Ciu tric nghiém tra loi ngan
Cau 1: [HTN] Mot cong vién sinh thai mudn bd tri mot manh vudn hoa nhé. Cu thé bdi canh cua cong
vién da duoc do dat nhu sau:
Puong di lat gach chay thang, 14y lam ranh duéi cia manh vuon.

Hang rao udn cong la do thi parabol y = %xQ , biét

d6 thi parabol nay tiép xtic v6i duong di tai toa do
dinh cua no.
Ao ca 1a dudng tron ¢ ban kinh bang 1m tiép xuc
v6i duong di dong thoi c6 chung mot diém duy nhat
v6i hang rao. Khu vyc manh vuon hoa nam giita
hang rdo, 16i di va ao ¢4 (mau xanh trong hinh minh
hoa). Pé hd tro cho viéc chuén bi vat tu trang tri, hay
tinh dién tich manh vudn hoa d6 bang bao nhiéu mét
vuong? (1am tron két qua dén hang phan mudi)

Loi giai tham khao

Tl:fl loi: 0,9
Gan hé truc toa d6 nhu hinh vé
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°y

A

Goi Ala;—|€ (P), I(b:1) 1a tam cta (C), (b>a > 0).

B(b;O) = (C) NOx, (d) 1a tiép tuyén cua (P) tai A.

- — 2 r — 2 4
AI:b—a;2 L |, he s6 goc clia AT 1a: k = 2-a . hé s6 goc cua (d) 1a: k, = a.
2(b—a>
2 2 2’
—a
PP [ = ]_1 3 e
Ta co: & & 3 3:>k1:——
kle——l 2_a2 b= 3
a. :—1 2
Q(b—a)
Do d6 AI co6 phuong trinh la: y:—g[aﬁ—% +1:—§x—|—;

MaAB:\/E;»Z}E:%”.

Dién tich hinh phang gi¢i han boi (P ) , (C’ ) , Oz la:
343

N 2
s=[Zd+ [
0 2 N

—ézxz +24
6 2

dex — 8

quat AIB

3.5
3 2

35

2

N

2B 8w oo,
24 N
Cau 2: [HTN] Trong khong gian vai hé truc toa d6 Ozyz , moi don vi trén hé truc ung vdi 10 km, tram

kiém soat khong luu dang theo déi hai may bay. May bay thir nhat ban dau & toa d6 A (25; —10; 1) va bay
theo huéng vecto 171 = (—3; —4; 0) v6i tbe do khong doi 1a 750 km/h. May bay thir hai ban dau & toa do

B(30;-25;1,1) va bay theo huéng vecto g = (—4;3;0) voi téc do khong dbi 1a 900 km/h. Trén may bay

thtr nhat c¢6 gan radar tranh va cham v&i ban kinh hoat dong 1a 50 km. Hoi thoi gian may bay thir hai xuat

hién trén man hinh cua radar may bay thir nhét 1a bao nhiéu phut (1am tron két qua dén hang phan trim)?
Loi gidi tham khao

Pap an: 5,61.
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—

Méy bay 1: v, = (~3;-4;0) =

Vecto chi phuong cua may bay 1 la [—ﬂ —ﬂﬁ] (—450;—600;0).
Méy bay 2: v, = (—4;3;0) =
Vecto chi phuong cua may bay 2 la [—@ M,O] (—720; 540; 0) .
x = 250 — 450t
Phuong trinh dudng thing may bay 11a {y = —100 — 600¢ .
z =10
[ = 300 — 720t
Phuong trinh duong thing may bay 2 1a {y = —250 + 540t .
z=11

Khoang cach giita hai méy bay tai thori diém ¢ 1a MN = \/(50 —270t) + (=150 +1140t) +1.

Dé thoa man yéu cau bai toan MN < 50 = 1372500¢> — 369000t + 22501 < 0

< 0,09348 <t <0,17537.

Viy thoi gian may bay thir hai xuat hién trén man hinh radar ctia may bay thtr nhat 13

0,09348 x 60 ~ 5,61 phut.

Cau 3: [HTN] Cho mét ludi 6 vuong kich thude 6 x 8 véi cac ki hiéu nhu hinh v&. Véi A, B 1a 2 diém
nam & cac nat giao (nhu hinh v§).

oN

1

M —>
Pé di tir diém M dén N mot con kién di chuyén ngau nhién sang phai hodc di 1én theo cac doan thing la
canh cda hinh Yuéng don vi. )
Goi A 1a bien co: "Con kien di tr M — A—N"
Goi B labién co: "Conkiéndite M — B — N "
Tinh x4c suat c6 diéu kién P (A | B ) (lam tron két qua dén hang phan trim).

Loi giai tham khao
Tra 16i: 0,32
Ta dit hé truc toa o Ozy tai diém M = 0(0, 0).
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= A(2,3);B(5,4);N(3,6).

Ta c6 bai toan tong quat sau:

e

Néu di chuyén sang phai hodc di 1én tir diém A (a, b) dén diém B (c, d ) thi s cach di chuyén sé la CY‘((:(L)ﬁ»(d—b)‘
cach.
S6 cach con kién di tir diém M dén A 1a C? =10.

S6 céch con kién di tr didm A dén B 1a ¢
(072)+(473)

$6 cach con kién di tir diém B dén N 1a ¢ =P =10.

(8-5)+(6-4)

oy

S6 cach con kién di tir diém M dén N la C;, = 3003.
S6 cach con kién di tir diém M dén B 1a C; =126.

Tacé: P(B)= 126.10 _ 60 P(AB)= 10.4.10 _ 400
' "~ 3003 143 T 3003 3003
P(AB
:>P(A|B):%Z%%O,32.

Cau 4: [HTN] Cho manh gidy mau hinh ban nguyét c6 duong kinh l1a doan thang AB‘ dai 2. Trén cung
AB lay mdt diem P . Gap manh giay theo nép gap la doan thang AP sao cho hai phan giay khit 1én nhau.

Khi PAB =6, goi S(6) 1a dién tich phan gidy bi chong 1én nhau.

- S(6)

Gia sir S(0) dat gia tri 16n nhat tai § = a (v6i 0 < 0 < %). Hoi gia tri ciia cos2a 1a bao nhiéu? (lam tron

két qua dén hang phan trim)
Loi gidi tham khao
Tra loi: 0,64

Goi diém I 1a diém dé 1én nhau ctia cung AP v6i AB.Ké IQ L AP(Q € AP) xem hinh sau:

Tir d6 ta d& thay duoc dién tich t6 mau vang bang dién tich S(6).
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o —

Goi O 1a trung diém AB, duge QA0 = AQO = QOB = 20, A0Q — 7 — 40

Ta c6 dién tich tam giac AQO = %.1.1. sin(m — 40) = %Sin 40

/

Ta c6 dién tich hinh quat tron QPB c6 tam O (t6 mau do) la: %.12.40 =20

sin 20

Dién tich cua tam giac AOP = %.1.1sin(7r —20) =
Dién tich hinh quat tron PB tam O la: %.12.29 =0

Vay dién tich S(0) = (20 + %Sin 40) — (0 + %sin 20) =0+ %sin 40 — %sin 20
Co S'(@) =2cos40 — cos20 +1 = 4cos* 20 — cos26 — 1

1417
s (

Lap bang bién thién cho ham s S(6).

Xét S'(0) = 0 < cos26 =

1417
8

v6i 0 < 0 < %) thi $"(0) = 0 < cos20 =

1++17

8
Cau 5: [HTN] Nhu hinh v€, 4nh sang dugc chiéu vudng goc véi mat ABC cia mét hinh tir dién déu
ABCD dugc lam bang gidy den. D¢ anh sang chi chiéu 1én mat day BCD , ngudi ta khoét mot 16 hinh
vudng trén mat ABC' . Biét réng dd dai mot canh ctia hinh vudng 1a 2 , hay tinh dién tich cua phﬁn duoc
chiéu sang trén mat day BCD .

Ta suy ra dugc S(0) dat gia tri 16n nhat khi cos20 =

~ 0,64

Loi giai tham khao

Traloi: 12 .
Vi hinh t dién déunén ké AH | (BCD) ta c6 duoc H 1a trong tdm tam giac BDC
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Ké DH 1 BC tai M suyra M la trung diém ciia BC (do tam giac BDC' 1a tam giac déu)
Suyra BC' L (ADM) hay géc giita hai mit phang (ABC);(BDC) bang goc AMD = 6
Goi dién tich tich hinh vuong da khoét trén mat (ABC) 1a S, = 4.

Goi dién tich chiéu trén mat day BDC 1a S.

Khi d6 ta co: SO = S.cosf = S.@: S.l: 4=5=12
AM 3

Cau 6: [HTN] Trong khong gian Ozyz, mat mot nguoi quan sat dat tai diém M (1;2;3) va vat can quan sat
dat tai diém N (2;3;—12). Mot tam bia ctiing c6 dang hinh tron thuc mat phang Oxy tam dat tai géc toa
do, ban kinh R che khuat tﬁm‘nhin clia ngudi quan sat. Khi d6 ban kinh cua tim bia nho nhat 1a bao nhiéu?
(1am tron két qua dén hang phan tram)

Loi giai tham khao
Pap an: 2,51.
Gia st nguoi quan sat khong nhin thay vat khi va chi khi nguoi quan sat khong nhin thiy diém N, hay tam
bia cting che khuit diém N. Khi d6, doan thang MN cit tAm bia ctng tai diém I thudc mit phang Ozxy.

r=1+4+1
Phuong trinh duong thaing MN :{y =2+t (t € R).
z=3—15¢

1 11
I=MNNOzxy:2=0=>t==—=1 g;—;0 .
5 5 5
Vi z,.2, =—36 <0 nén M,N nam vé hai phia ciia I hay tim bia c6 thé che khuat vat.
Mt khac, tAim bia hinh tron c6 tim 1a géc toa d6 nén tAm bia mudn che khudt vat khi va chi khi

2 2 [
RZOI:\/g - 1—51 +02:%7%2,51.
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‘ BANG PAP AN DE 05 ON GK 2 TOAN 12
PHAN I: Trac nghiém nhiéu lya chon

M3i cau dang duge 0,25 diém.

0 Thay Nghia - Luyén Thi Toan 10-11-12 (@] 0362546417

PHAN II: Tric nghiém dung sai
Diém t6i da mdi cau 1a 1 diém.

Pung 1 ¥ duoc 0,1 diém; dung 2 ¥ duge 0,25 diém; dang 3 ¥ duoc 0,5 diém; ding 4 ¥ duoc 1 diém.

Madé Caul
03 a)P-b)S-¢)S-d)P | a)P-b)S-c)P-d)P | a)P-b)S-¢c)S-d)P | a)S-b)S-c)P-d)P

PHAN III: Tric nghiém tra 161 ngin
Moi cau dung duogc 0,5 diem.

Cau 4

03 0,9 5,61 0,32

0,64

12 2,51
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